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Chapter 1

Introduction

There might be different paths one can follow in order to improve the present status
in particle physics. The direction suggested by the Standard Model (SM) [1, 2]
seems to lead to interesting physical insights. On the one hand, one has theoretical
milestones followed by successful experimental confirmation and, on the other
hand, the SM gives rise to exceed the frontier and lay down new foundations.

One of the reasons to stay forward-bound is the so-called hierarchy problem
which deals with the difficulty of stabilizing the large gap between the electroweak
scale MEW and the (reduced) Planck scale MP = (8πG)−1/2 ' 2.6 × 1018 GeV.
This problem is connected to the masses of the scalar particles which, in the
framework of the SM, suffer from quadratic divergences. Such issue arises from a
general property of the scalar fields in a gauge theory, namely the tendency of
scalars to get their mass close to the largest available energy scale in the theory.
Even though it is possible to keep the Higgs mass finite by performing unnatural
fine-tuning, this procedure is unstable in perturbation theory [3].

In order to protect the masses of the scalar particles against radiative corrections,
one can make use of the powerful concept known in physics as symmetry. Since
there is no symmetry in the SM that protects the masses of the scalars, one
needs an extension. The glory of being one possible solution to the hierarchy
problem is enjoyed by the so-called supersymmetry (SUSY) [4, 5]. This symmetry
introduces to every SM particle a superparticle which differs by spin. The particle
content of the Minimal Supersymmetric Standard Model (MSSM) [6, 7] ensures
that dangerous quadratic divergent contributions to the masses of scalar particles
vanish. However, the experimental evidence for superpartners (being as light
as their SM counterparts) is inexistent and, thus, SUSY must be broken at low
energies. The understanding of SUSY breaking is a difficult enterprise. From the
theoretical point of view, it is natural to consider a spontaneous breakdown, but
this is problematic from the phenomenological perspective [7]. In the framework
of the MSSM the breakdown can only occur explicitly but softly in order to
keep the protection of the scalar masses. This trouble, caused by theoretical
and phenomenological demands, can be solved if one introduces two separate
sectors [7]. In the so-called “hidden” sector SUSY is broken spontaneously by
new fields which are gauge singlets under the SM gauge group. This spontaneous
breakdown appears parameterized as softly broken MSSM in the “observable”
sector. In this manner the problem of describing the SUSY breakdown is traced to
the issue of mediating the SUSY breakdown to the observable sector.
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2 Introduction

In the progress of SUSY several mediation types have been developed. Two of
them have become widely accepted. In the so-called gravity mediation [8] the
two sectors communicate through gravitational strength interactions whereas in
the anomaly mediation [9] the connection between the sectors is established at
loop level via a Weyl anomaly. These two mediation scenarios require only few
parameters but, unfortunately, both are at odds with phenomenology. In gravity
mediation the light gravitino (superpartner of the graviton) can spoil baryogenesis
in the early universe [10,11] whereas in anomaly mediation sleptons are tachyonic.
Thus, an improved scenario would be desirable.

Providing the possibility for the unification and quantum description of all
fundamental forces, string theory [12] has become a leading light in particle physics.
Consistency requires string theory to live in 10 spacetime dimensions. Accordance
with observation can be achieved e. g. if one compactifies the extra-dimensions on
internal manifolds. In the effective low energy formulation, the compactification is
parameterized by moduli [12]. These are massless scalar fields which transform as
gauge singlets under the SM gauge group and, due to its presence, the hidden sector
is naturally bult-in in string theory. One essential task in string theory is to stabilize
the moduli since its values, describing the shape and size of the internal manifolds,
are connected to physical couplings. Moduli can be stabilized perturbatively
(e. g. fluxes [13]) as well as non-perturbatively (e. g. gaugino condensation [14]).
Recently, it was shown [15–17] that in schemes where moduli are stabilized in
both ways, soft parameters receive comparable contributions from both gravity
and anomaly mediation. In this scenario, called mirage mediation, the pattern of
soft masses is very distinct [18–23]. One characteristic feature of the spectrum
is a moderately large hierarchy among the soft, the gravitino and the moduli
masses. Furthermore, the low energy phenomenology is described just by two
parameters. Mirage mediation also provides possible solutions to the cosmological
gravitino/moduli problems [24, 25]. It partially solves the SUSY CP and flavor
problems [26] and it can reduce the fine-tuning of the weak scale [27, 28]. The
presence of anomaly mediation, however, provides a scheme with tachyonic sleptons
and squarks, and therefore further modifications are needed. In this work one
possible solution to this problem is presented. It is based on a set-up, where
mirage mediation with additional pattern arises.

Overview

The outline of this work is as follows. Chapter 2 briefly describes the SM and
the construction of the MSSM with exact SUSY. In chapter 3, the softly broken
MSSM is illustrated. In chapter 4, both mediation scenarios, gravity and anomaly
mediation, are explained. Chapter 5 is the main part of this work. It describes
the motivation for mirage mediation, and using an alternative approach, derives
the soft breaking terms. These contain additional contributions which will be
used in order to remove tachyons. At first “ordinary” mirage mediation is studied.
Subsequently, a version of mirage mediation without tachyons will be analysed.



Chapter 2

Accession to Supersymmetry

In this chapter we will briefly refer to the Standard Model of particle physics and
introduce supersymmetry as a possible solution to the hierarchy problem.

2.1 Glimpse of the Standard Model

The Standard Model (SM) with its local SU(3)C⊗SU(2)L⊗U(1)Y gauge invariance
describes the strong, weak and electromagnetic interactions up to a scale of
approximately 100 GeV [1, 2]. The SM consists of fermions and bosons. The
fermionic sector contains 3 generations of left- and right-handed leptons and
quarks.

Li =
(
νei
ei

)
L

, eiR , Qi =
(
ui
di

)
L

, uiR , diR ,
ei = {e−, µ−, τ−}
ui = {u, c, t}
di = {d, s, b}

.

The left-chiral fermion fields transform as doublets and the right-chiral as
singlets under SU(2)L. The quark fields transform as color triplets whereas the
leptons are color singlets.

The gauge bosons of the SM gauge group are 8 gluons gaµ, 3 bosons Wµ and the
B boson, respectively. The gauge fields transform as the adjoint representation of
the gauge group. The gluons are always massless. The SU(2)L and U(1)Y gauge
bosons are massless in the limit of exact electroweak (EW) symmetry.

At the electroweak scale MEW ∼ 100 GeV, the local SU(2)L ⊗ U(1)Y gets spon-
taneously broken to U(1)EM. The spontaneous breakdown is initiated through the
SU(2)L Higgs doublet

φ =
(
φ+

φ0

)
.

A non-zero vacuum expectation value (VEV) of φ0, arising from minimization
of the Higgs potential, spontaneously breaks the local SU(2)L ⊗ U(1)Y symmetry.
This breakdown generates 3 massless Goldstone bosons which are “eaten” by the
originally massless gauge bosons. While the photon γ remains massless, the weak
bosons W± ans Z aquire mass through the VEV of the Higgs field. This VEV also
generates fermion masses through Yukawa interactions.

Though baryon B and lepton L numbers are automatic symmetries in the SM,
they can be violated at quantum level. In what follows we consider mν ≡ 0.

3



4 Accession to Supersymmetry 1

H
f

H

S(a) (b)
H

H

Fig. 0.1 :: Quantum corrections to the Higgs (mass)2 from
a fermion loop (a) and a scalar loop (b).

Scalar particles entail a certain ‘ominousity’ within the SM. Quantum correc-
tions to the mass of a scalar particle components transform into higher ones and
the highest component (D) transforms into a total derivative.

Fig. 2.1 :: Quantum corrections to the Higgs (mass)2 from
a fermion loop (a) and a scalar loop (b).

2.2 Way out

Scalar particles entail a certain “ominousity” within the SM. Quantum corrections
to the mass of a scalar particle suffer from quadratic divergences.

Consider for example 1-loop contributions to the Higgs mass, which come from
every particle that couples to the Higgs field (see fig. 2.1 a). The most significant
contribution comes from heavy Dirac fermions f (in the SM f = top) [6, 7]

δfm2
H =

|λf |2
16π2

(
−2Λ2

UV + 6m2
f log

ΛUV

mf
+ · · ·

)
, (2.1)

where λf is a dimensionless coupling constant, mf the mass of the fermion and
ΛUV is an ultraviolet momentum cut-off regulating the loop integral. As evident
from eq. (2.1), the (mass)2 correction badly diverges as ΛUV →∞.

One can evade the problem of quadratic divergences by considering the 1-loop
contribution to the Higgs mass coming from a (heavy) complex scalar particle S
(fig. 2.1 b) which couples to the Higgs through ∆L = −λS |H|2 |S|2. Then [6, 7]

δSm2
H =

λS
16π2

(
Λ2
UV − 3m2

S log
ΛUV

mS
+ · · ·

)
. (2.2)

Assigning two scalars to one fermion and providing |λf |2 = λS , the total
quantum corrections to m2

H , namely δH = δf + 2δS , would be free of quadratic
divergences at 1-loop order. In this case, δH ∼ ∆m · log(ΛUV) with ∆m = mS−mf .
In addition, if claim ∆m = 0 then at 1-loop level δH would neatly vanish. To
ensure that quadratic divergences are absent to all orders in perturbation theory,
our simple framework leads rather to a fine-tuning affair than to a “natural”
protection of the Higgs mass to remain in the 100 GeV region. Nevertheless, the
idea of connecting fermions and bosons was used to structure a strategy which
has the power of a symmetry [4], known as supersymmetry (SUSY).

Indeed, it is the only “graded” Lie algebra of symmetries of the S-Matrix
consistent with relativistic quantum field theory [29]. This symmetry lays down
conditions for cancellation of quadratic divergences in perturbation theory. The
reason for this is founded in the non-renormalization theorem [30,31] which implies
that masses of scalar particles are not renormalized to any order in perturbation
theory [5].

We see that the Higgs mass is very sensitive to new physics masked by ΛUV.
The new scalar particles which we have introduced cannot be arbitrarily heavy.
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In fact, the SM requires the new scalars to be in the TeV region, otherwise the
couplings in the Higgs sector would reach unnatural size [3]. We can also deduce
it from our 1-loop toy-statement: the total correction δH ∼ ∆m should not be
significantly larger than the mass of the Higgs.

2.3 SUSY

A generator of supersymmetry transformations Q turns a fermionic state into a
bosonic one and vice versa:

Q |fermion〉 = |boson〉 , Q |boson〉 = |fermion〉 .

The complex generator Q therefore is a fermionic operator featuring spin-1/2

angular momentum. Theories with N > 1 distinct copies of Q and Q are called
extended supersymmetries. Such theories have nice mathematical allurement but
no phenomenological relevance [6]. In this work we will solely concentrate on
N = 1 supersymmetry. Using the usual two-component notation, the SUSY algebra
is given by [7, 32]{

Qα, Qβ̇
}

= 2σµ
αβ̇
Pµ, (2.3a){

Qα, Qβ
}

=
{
Qα̇, Qβ̇

}
= 0, (2.3b)[

Pµ, Qα
]

=
[
Pµ, Qα̇

]
= 0, (2.3c)

where σµ are Pauli matrices and α, β, α̇, β̇ = 1, 2 are the component indices.
Conventions and notations are presented in the appendix A.

The single particle states fall into irreducible representations of the SUSY

algebra called supermultiplets. The bosons and fermions within a supermultiplet
are known as superpartners of each other. In an exact supersymmetric world
the superpartners are degenerate in mass. Generators of SUSY transformations
commute with those of gauge transformations. Therefore the superparners of
a supermultiplet are in the same representation of the gauge group, i. e. they
have the same gauge charges. Each supermultiplet contains the same number of
fermionic and bosonic degrees of freedom (DOF): nF = nB.

2.3.1 Construction of supermultiplets

The simplest possibility for a supermultiplet, which is consistent with the require-
ments in section 2.3, contains a Weyl fermion (nF = 2) and a complex scalar
(nB = 2) called sfermion (short for scalar fermion). For the SUSY algebra to close
off-shell, one has to introduce the so called auxiliary fields which do not propagate.
Off-shell, the Weyl fermion has 4 DOF but the complex scalar still 2. So one
complex auxiliary field with naB = 2 is needed. This formation of a 2-component
Weyl fermion and a complex scalar (with corresponding auxiliary field) is called
chiral supermultiplet.
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The next to the simplest supermultiplet would be a massless spin-1 gauge
boson (nB = 2) accompanied by a massless spin-1/2 Weyl fermion (nF = 2) called
gauge fermion or gaugino. In the off-shell situation, the gauge boson acquires an
additional DOF (longitudinal polarization) while the Weyl fermion has four DOF.
Thus one needs to introduce one real auxiliary field (naB = 1).

Since gauge bosons transform as the adjoint representation of the gauge group,
this is also obligatory for the gaugino and the auxiliary field. Moreover, for gauginos
this implies that their left- and right-handed parts transform equivalently. Such a
combination of a gauge boson and a gaugino is called gauge or vector supermultiplet.
A further irreducible representation would be a combination of a spin-2 boson
and a spin-3/2 gaugino.

2.3.2 Superfield formalism

To describe the physics of a supersymmetric theory it is advantageous to make
use of the superfield formalism [7,32].

Consider anticommuting Grassman parameters θα, θβ̇ (α, β̇ = 1, 2) with{
θα, θβ

}
=
{
θα̇, θβ̇

}
=
{
θα, θβ̇

}
= 0.

Superfields are functions that live on the (x, θ, θ) space, called superspace. It is
useful to introduce left- and right-chiral representations of the superalgebra. In
the left-chiral representation a left-handed chiral superfield is given by [7]

ΦL(x, θ) = ϕ(x) +
√

2 θαξα(x) + εαβθ
αθβF (x)

= ϕ(x) +
√

2 θξ(x) + θ2F (x), (2.4)

where ϕ is a complex scalar field, ξ is a left-handed (2-component) Weyl fermion
and F the complex auxiliary field1. These fields are often called component fields
as they appear as components in the superspace language. These component fields
behave under a SUSY transformation as

δϕ =
√

2εξ,

δξ =
√

2εF − i
√

2σµε ∂µϕ,

δF = i
√

2 ∂µξσµε,

(2.5)

where ε is an infinitesimal anticommuting Weyl fermion parametrizing the SUSY

transformation. The lowest components transform into higher ones; the highest
component (F ) transforms into a total derivative.

The vector superfields Γ are characterized by the reality condition Γ† = Γ. In
the Wess-Zumino gauge, a vector superfield can be expressed as [7]

Γ(x, θ, θ) = θσµθA
µ(x) + θ2θ λ(x) + θ2θλ(x) +

1
2
θ2 θ2D(x), (2.6)

1Right-handed superfields can be obtained through conjugation and depend on (x, θ).
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with Aµ being a spin-1 field, λ a Weyl spinor and D a real auxiliary field. Trans-
formation properties of the component fields of a vector superfield are

δAµ = λσµε+ εσµλ,

δλ = εD +
i

2
ε∂µAµ − σµνε∂µAν ,

δD = i∂µλσ
µε+ i∂µλσ

µε,

(2.7)

with σµν = 1
4 (σµσν − σνσµ). Here again the lowest components transform into

higher ones and the highest component (D) transforms into a total derivative.

2.3.3 Lagrangians

The description of supersymmetric interactions requires appropriate Langrangians.
As we have seen in the previous section, the F - and D-terms2 of the superfields
transform into total derivatives, so they can be used for the construction of
supersymmetric Lagrangians. A general renormalizable supersymmetric Lorentz
invariant Lagrangian reads [7]

LSUSY =
1
4

[
Ξ2 + Ξ†2

]
F

+
[
Φ† j

(
e2gΓaTa

)i
j

Φi

]
D

+
[
W (Φi) + h.c.

]
F
,

W (Φi) =
1
2
MijΦiΦj +

1
6
Y ijkΦiΦjΦk.

Here F and D means that only the highest component contributes. Φ and Γ are
chiral and vector superfields, respectively. Ξ is a spinorial field strength, T a are
generators of the gauge group, g is a coupling constant and ijk are type indices.
W is called superpotential3, a very fundamental object in supersymmetric theories.
M and Y are symmetric in their indices. See appendix A.2 for details.

Up to total derivatives, the Lagrangian for chiral multiplets extracts to

LCHIRAL = ∂µϕi∂µϕi + iξiσ
µ [∂µ] ξi − V (ϕi, ϕi)

− 1
2

(
Mijξiξj −M∗ijξi ξj − Y ijkξiξjϕk − Y∗ijk ξi ξjϕk

)
, (2.8)

where A[∂µ]B = 1
2A∂µB − 1

2(∂µA)B. The contribution from chiral superfields to
the scalar potential V is given by

V (ϕi, ϕi) =
∂W

∂ϕi
∂W

∂ϕi
= W iW

i = FiF
i

=M∗ikMkj ϕiϕj +
1
2
MinY∗jkn ϕiϕjϕk

+
1
2
M∗inYjkn ϕiϕjϕk +

1
4
Y ijnY∗kln ϕiϕjϕkϕl. (2.9)

2In general, F -terms are coefficients of θ2 and D-terms are coefficients of θ2θ2. F -terms are
the highest componets of chiral superfields and D-terms are those of the vector superfields.
Vector superfields can be constructed from chiral superfields via Φ†Φ.

3The superpotential is a holomorphic function of the fields: W = W (Φ) & W † = W †(Φ†).
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1

(a) (b) (c) (d)

Fig. 0.1 :: SUSY chiral and gauge interactions: (a) scalar–
fermion from eq. (??), (b) (scalar)4 eq. (??), (c) gauge
boson–gaugino from eq. (??), (d) gaugino–fermion–scalar
from eq. (??).

The description of supersymmetric interactions requires appropriate Langrangians.
As we have seen in the previous

The full Lagrangian for supersymmetric chiral gauge interactions in the com-
ponent field language

Fig. 2.2 :: SUSY chiral and gauge interactions: (a) scalar–
fermion from eq. (2.8), (b) (scalar)4 eq. (2.9), (c) gauge
boson–gaugino from eq. (2.10), (d) gaugino–fermion–scalar
from eq. (2.11).

Written in component fields, the Lagrangian for gauge supermultiplets reads

LGAUGE = −1
4
F aµνF

µν a − iλaσµDµλa +
1
2
DaDa, (2.10)

where a runs over the adjoint representation of the gauge group and we use
Dµλa = ∂µλ

a − gfabcAbµλc and F aµν = ∂µA
a
ν − ∂νAaµ − fabcAbµAcν .

The full Lagrangian for supersymmetric chiral gauge interactions in the compo-
nent field language contains eq. (2.8) and eq. (2.10) as well as some additional
terms. All ordinary derivatives ∂µ have to be replaced by gauge covariant deriva-
tives Dµ = ∂µ + igAaµT

a in order to maintain gauge invariance4:

L = LCHIRAL + LGAUGE

−
√

2
∑
α, a

[
λ
a
ξi(Tαa)ji ϕj + ξi(Tαa)ij ϕ

jλa +
g2
α√
2
DαaDαa

]
, (2.11)

where Dαa = ϕi (Tαa)ji ϕj and we have allowed for the gauge group to be a direct
product of group factors

G =
⊗
α

Gα,

with respective gauge coupling constants gα5. The scalar potential generalizes to

V (ϕi, ϕi) = F iFi +
1
2

∑
α, a

g2
αD

αaDαa. (2.12)

Note that in global SUSY the scalar potential is always non-negative, V ≥ 0, since
it is a sum of squares of absolute values.

In a renormalizable supersymmetric field theory, all couplings and masses are
determined by gauge invariance and by the superpotential W . In fig. 2.2 some of
the new interactions resulting from eq. (2.11) are depicted. These results can be
used to construct supersymmetric models, especially supersymmetric extensions
of the Standard Model which are subject to phenomenological perceptions.

4The generators of the gauge group T a satisfy [T a, T b] = ifabcT c, with fabc being the structure
constants of the gauge group.

5In the limit of SM the gauge couplings are g1 =
√

5/3g′, g2 = g, and g3 = gs



2.4 The MSSM 9

Superfields Fermions Bosons SU(3)C ×SU(2)L×U(1)Y PM

matter sector

Qi

(
uiL
diL

) (
ũiL

d̃iL

)
(3, 2,+1/6) −1

ui u†iR ũ∗iR (3, 1,−2/3) −1

di d†iR d̃∗iR (3, 1,+1/3) −1

Li

(
νei

eiL

) (
ν̃ei

ẽiL

)
(1, 2,−1/2) −1

ei e†iR ẽ∗iR (1, 1,+1) −1

higgs sector

Hu = H2

(
H̃+
u

H̃0
u

) (
H+
u

H0
u

)
(1, 2,+1/2) +1

Hd = H1

(
H̃0
d

H̃−d

) (
H0
d

H−d

)
(1, 2,−1/2) +1

gauge sector

B B̃0 B0 (1, 1, 0) +1

W W̃ 0 W̃± W 0 W± (1, 3, 0) +1
g g̃ g (8, 1, 0) +1

Tab. 2.1 :: Particle/sparticle content of the MSSM includ-
ing SM gauge quantum numbers and matter parity.

2.4 The MSSM

We are ready now to bring the SM in contact with SUSY to obtain the Minimal Su-
persymmetric Standard Model (MSSM) [6, 7]. From our discussion in section 2.3.2,
we know that only chiral superfields can contain chiral fermions. Thus the SM

fermions must reside in chiral superfields (supermultiplets). The scalar superpart-
ners of leptons and quarks are called sleptons and squarks, respectively. The left-
and right-handed pieces have their own scalar partners6.

The Higgs boson must be within a chiral supermultiplet; otherwise inconsisten-
cies would arise7. Their superpartners are called higgsinos. A distinctive feature of
the MSSM is that it contains two Higgs supermultiplets. There are several reasons
why this is unavoidable [7]. As mentioned in section 2.3.3, the superpotential W
is a holomorphic function, it cannot contain conjugates. To make the up-type, the
down-type quarks and the leptons massive, two Higgs multiplets with different
hypercharges are needed. Another reason is that one Higgs multiplet would cause
gauge anomalies which cannot be cancelled.

The gauge bosons of the SM must be put into gauge superfields. The super-
partners of the gluons are the gluinos, those of the W and B bosons the winos
and bino, respectively. All superfields are labeled the same way as the ordinary
SM particles. The superpartners, also known as sparticles are denoted by a tilde.
6The handedness of the superfields corresponds to the chirality of the fermions. To distinguish

which scalar belongs to which fermion, scalars symbolically carry a handedness subscript.
7By looking at the gauge quantum numbers one could try to combine the left-handed leptons
Li with Hd. Since they differ in lepton numbers this would lead to lepton number violation.
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Fig. 2.3 :: Some of the MSSM couplings. (a) top–(s)quark
Yukawa interaction, (b) (scalar)4, (c) (scalar)3, (d) gaugino
interaction.

The bar indicates a left-handed CP conjugate of right-handed fields. Tab. 2.1
summarizes the field content of the MSSM. The superpotential for the MSSM reads

WMSSM = uYuQHu − dYdQHd − eYeLHd + µHuHd, (2.13)

where all fields are chiral superfields and the couplings Yu,d,e are 3× 3 Yukawa
matrices in family space. Since the third family particles are the heaviest only the
(3, 3) componets of the matrices will have significant contributions. This leads to
the approximation

WMSSM ' yt
(
ttH0

u − tbH+
u

)− yb (btH−d − bbH0
d

)
− yτ

(
τντH

−
d − ττH0

d

)
+ µ

(
H+
u H

−
d −H0

uH
0
d

)
. (2.14)

The µ-term in eq. (2.13) is the supersymmetrized version of the SM Higgs boson
mass term. It supports higgsino mass terms as well as Higgs (mass)2 terms.

LMSSM ⊃ −µ
(
H̃+
u H̃

−
d − H̃0

uH̃
0
d + h.c.

)
− |µ|2

(∣∣H0
u

∣∣2 + . . .
)

(2.15)

In general one can treat the µ-term as an independent parameter of the MSSM.
Masses of the fermions and the mixing angles are obtained from Yukawa matrices

after EW symmetry gets spontaneously broken by the VEVs of the neutral Higgs
fields. Alongside the usual Yukawa interactions, new Yukawa interactions become
possible. In addition to known Higgs–fermion couplings, sfermion–higgsino–fermion
interactions appear [6, 7].

Furthermore, there are also diverse (scalar)3, (scalar)4 and (scalar)2(Higgs)2

interactions. The couplings of the gauge bosons to sparticles are determined by
gauge invariance of the kinetic terms in the Lagrangian. The gauginos do couple
to (s)quark, (s)lepton and Higgs(ino) pairs [6, 7].

2.4.1 R–Parity

The superpotential eq. (2.13) could also contain further holomorphic gauge invari-
ant renormalizable terms like [6, 7]

WEXT = ς ijk1 LiLjek + ς ijk2 LiQjdk + ς i3LiHu + ς ijk4 uidjdk. (2.16)

The trouble coming from these terms is that they violate total lepton and baryon
numbers. The first three terms in eq. (2.16) violate the total lepton number by
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one unit and the last term violates the baryon number by one unit. Since B and
L violating processes have not been confirmed experimentally (absence of proton
decay) such terms must be either prohibited or at least suppressed8.

An elegant way to draw a curtain over eq. (2.16) is to impose a symmetry,
called matter parity PM . It is a discrete symmetry defined by

PM = (−1)3(B−L), (2.17)

where B and L is the baryon and lepton number, respectively. Matter parity is a
multiplicative quantum number defined for any superfield. Chiral superfields have
odd matter parity while the Higgs- and vector superfields have even PM . Tab. 2.1
contains PM for the field content of the MSSM.

For the new symmetry to come into effect, we allow only such interaction terms
for which the product of individual PM is +1. By this procedure, terms in eq.
(2.16) are forbidden. Important to note is that matter parity provides a candidate
for an exactly conserved symmetry while B and L numbers cannot be9.

From the phenomenological point of view, however, it is useful to define for
each particle and sparticle the so called R-parity by

PR = (−1)3(B−L)+2s, (2.18)

with s being the spin of a (s)particle. The transformation property is given by

(particle) 7−→ +(particle),
(sparticle) 7−→ −(sparticle).

Particles always have positive R-parity whereas sparticles have negative one.
R-parity of a multiple (s)particle state is the product of individual R-parities.
Members of a superfield have the same PM but different PR.

The conservation of these parities has several phenomenological consequences.
The assumption of conserved PR (or equivalently PM ) leads to the conservation
of total B and L numbers10. Phenomenologically, this means:

o any interaction vertex contains an even number of sparticles

o at colliders sparticles can only appear in pairs

o the lightest supersymmetric particle (LSP) is stable

o sparticles heavier than the LSP decay into an odd number of LSPs

o if the LSP is neutral, it can be a cold dark matter candidate.

The MSSM is defined to conserve R-parity.

8In the SM, renormalizable B and L violating terms are not possible.
9B and L numbers can be violated in the SM by non-perturbative electroweak effects. With
PM assumed to be conserved, no B and L violating terms appear in the MSSM.

10This is only true at the renormalizable level. In the non-renormalizable case the conserved
quantity is (−1)3(B−L).
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2.5 SUGRA

So far, we have considered global SUSY: ∂µε = 0. We now switch on the spacetime
dependence of the infitesimal transformation parameter ε = ε(x). Implementing
4-component notation the SUSY algebra can be recasted as [5][

εQ,Qε
]

= 2 εγµε Pµ. (2.19)

The product of two local SUSY transformations leads to spacetime translations
which change from point to point—a general coordinate transformation. In other
words, the invariance under local SUSY transformations implies an invariance
under local coordinate transformations.

In analogy to ordinary symmetries, global SUSY can be made local by following
the Noether procedure [5]. Starting with the global case and replacing ε→ ε(x)
is not enough to make the total Lagrangian density locally supersymmetric. In
order to restore invariance, a new spinorial gauge field ψαµ has to be introduced.
It transforms as11

δψαµ =
2
κ
∂µε

α + · · · ,

with κ being a coupling constant of dimension (mass)−1. Since ψαµ carries a spinor
and a vector index, it must represent a spin-3/2 fermion.

The introduction of the new spinorial field causes an imbalance in the multiplet
structure as ψαµ has no bosonic partner. The appropriate superpartner can be
found by adding the Noether coupling LN to the total Lagrangian (Noether
procedure). Its variation gives [5]

δLN ' κ ψνγµTµνε,

with Tµν being the energy-momentum tensor of scalar fields, and γµ denotes the
γ-matrices. These terms can only be canceled if one introduces a tensor field gµν
which transforms as

δgµν ' κψµγνε

and contributes to the total Lagrangian through

Lg = −gµνTµν .

This is actually the coupling of the graviton to the energy-momentum tensor.
Promoting global supersymmetry to local symmetry automatically includes

gravity. Therefore, local supersymmetry is often dubbed supergravity (SUGRA).
The new fermionic field ψαµ is nothing else than the superpartner of the spin-2
graviton. It is called gravitino. Graviton gµν and gravitino ψαµ together with their
auxiliary field build up the SUGRA mutiplet. The appearence of the dimensionful
coupling constant κ signals that SUGRA is a non-renormalizable theory. Since the
graviton has interactions of gravitational strength, κ = M−1

P . In the effective low

11The factor of 2 is needed because the transformation parameter ε(x) now is a 4-spinor.
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energy Lagrangian such non-renormalizable terms appear suppressed by negative
powers of MP. The minimal formulation of SUGRA contains one SUGRA multiplet
and couplings of chiral and vector superfields to the former. The phenomeno-
logically relevant part in the Lagrangian [5, 33] describing such interactions is
parametrized by two quantities: the function

G(ϕi, ϕi) =
K
(
ϕi, ϕ

i
)

M2
P

+ log
|W (ϕi)|2
M6

P

(2.20)

and the analytic gauge kinetic function fab, with a and b being gauge group
indices. Both functions depend on scalar components of chiral multiplets of type
i. The function G is real and transforms as a gauge singlet. K is likewise a
real, gauge-ivariant function and is called Kähler potential. W (ϕi) is the analytic
superpotential defined in section 2.3.3. The Kähler metric

Ki
̄ =

∂2K

∂ϕi ∂ϕj
(2.21)

describes the form of the kinetic energy terms of the scalar components of the
chiral superfields. fab does the same for gauge superfields. The gauge couplings
are related to the the gauge kinetic function via

1
g2
a

= <efa, (2.22)

with fa = δba fab (sum over b). The scalar potential at tree level is given by [7]

V (ϕi, ϕi) = M4
P e

G
[
GiG̄ (K−1)̄i − 3

]
+
∑
α

g2

2
f
−1
ab D

αaDαb, (2.23)

where Dαa = Gi(Tαa)ji ϕj , G
i = ∂G/∂ϕi and (K−1)̄i is the inverse Kähler metric.

Compared to the scalar potential of global SUSY eq. (2.9), in the local case the
scalar potential can be negative.





Chapter 3

Breakdown of Supersymmetry

If supersymmetry were an exact symmetry particles and sparticles would be
degenerate in mass. Since no sparticles have been discovered, supersymmetry
must be broken (at low energies). The problem of addressing the mechanism of
supersymmetry breakdown is a deep one. In general, there are two algorithms
how a symmetry can be broken: spontaneously through the VEV of a non-singlet
field (Nambu-Goldstone mode) or explicitly through a small non-invariant part in
the Lagrangian (Weinberg-Wigner mode). The aim of this chapter is to show how
these two modes are encapsulated in the scheme of supersymmetry/supergravity
breakdown.

3.1 Concatenation

This section is a short survey starting from exact supersymmetry, passing by
theoretical restrictions, and arriving at a possible description of SUSY breakdown.
Let us begin by looking at the SUSY algebra eq. (2.3). Its direct consequence is
that the generator of SUSY transformations Q (supercharge) commutes with the
Hamiltonian. By the use of eq. (2.3c) and σµαβ̇ σ

αβ̇
ν = 2gµν one obtains

H = P 0 =
1
4

((
Q1 +Q1̇

)2 +
(
Q2 +Q2̇

)2)
. (3.1)

This relationship states that H is positive semidefinite and, of course, well-defined.
A supersymmetric vacuum state is defined by

Qα |0〉 = 0, Qα̇ |0〉 = 0,

which means that in the case of preserved SUSY the supercharges annihilate the
vacuum state. Supersymmetry is spontaneously broken if and only if at least one
of the supercharges does not annihilate the vacuum. This affects the conjunction
between the vacuum energy and the spontaneous violation of SUSY. Eq. (3.1)
guarantees the positivity of the vacuum energy

Evac ≡ 〈0 |H | 0〉 ≥ 0. (3.2)

Thus, if global supersymmetry is preserved, the vacuum energy is exactly zero
and the vacuum state resides at the absolute minimum of the potential (fig. 3.1).
Otherwise, if Evac 6= 0 SUSY is spontaneously broken.

15
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Unlike ordinary symmetries, the existence of an invariant state does necessarily
imply that this is the ground state of the theory [5]. In exact global supersymmetry
groundstates are always at Evac = 0.

In the case of spontaneous supersymmetry breaking (SSB), we obviously have
Qα |0〉 = |ξα〉 6= 0, where |ξα〉 is some fermionic state. Using supercurrent formalism
[5] one can rewrite

〈ξα|Jµβ |0〉 = fσµαβ.

The supercurrent Jµβ creates a fermion whose coupling f2 ' Evac measures the
breakdown of SUSY. This is the analogon to the spontaneous breakdown of
an ordinary symmetry where massless Goldstone bosons emerge. In SUSY the
Goldstone particle is a massless Weyl fermion called goldstino1. Depending on
what supermultiplet is involved in SSB, the fermion ξα is either a chiral fermion or
a gaugino. The SSB is associated with a non-zero VEV of an operator that changes
under a SUSY transformation [7]. To find out what fields are involved in SSB, we
look at the transformation properties of chiral fermions eq. (2.5) and gauginos eq.
(2.7). Since ∂µϕ and ∂µAν are not supposed to acquire VEVs2, only the auxiliary
fields can characterize the spontaneous breakdown of SUSY:

〈0|F |0〉 ≡ Λ2
F , 〈0|D|0〉 ≡ Λ2

D.

So we conclude that SUSY is spontaneously broken if and only if the auxiliary
fields F and/or D acquire non-zero VEVs. Λ2

F and Λ2
D have dimension (mass)2

and represent the scale of SUSY breaking. SSB with non-zero 〈F 〉 is called F -
type breaking, whereas such with non-zero 〈D〉 is known as D-type breaking. For
realistic SSB F -type breaking is always necessary whereas D-terms can additionally
contribute. In what follows we will concentrate on F -term contributions. As

1Note that the goldstino is not the superpartner of the Goldstone boson.
2VEVs of spinorial, vector or tensor quantities ruin Lorentz invariance.
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Fig. 3.2 :: Mediation of spontaneous SUSY breakdown
from hidden to observable sector.

already discussed in the previous chapter, all members of a superfield carry the
same quantum numbers (except for the spin). Now, if an auxiliary field of some
observable field is equipped with a non-zero VEV to break SUSY, it will also
break miscellaneous internal symmetries like color, electromagnetism, etc. Also
the massless goldstinos would have SM quantum numbers. Thus, so as to avoid
a disaster, SUSY can be spontaneously broken only by fields which are singlets
under the SM gauge group. Since such fields cannot be part of the ordinary matter
one places them into the so-called hidden sector , whereas the ordinary matter
inhabits the observable sector . Fig. 3.2 depicts this schematically .

These two sectors are postulated to have no direct couplings. But in order to
mediate spontaneously broken SUSY from the hidden to the observable sector,
these two sectors must share some, albeit very weak, interactions. Such weak
interactions can be arranged gravitationally through operators suppressed by
inverse powers of MP or at loop level suppressed by loop factors (16π2)−1. In
general, several hidden sectors can be involved in mediating SSB (fig. 3.2). The
hidden sectors can have certain non-SM gauge couplings among themselves.

In the MSSM, the breakdown of SUSY must be explicit, but cannot be arbitrary.
In section 2.2 we saw that unbroken SUSY provides the cancellation of quadratic
divergences in scalar (masses)2 to all orders in perturbation theory. If we break
SUSY, we also challenge the cancellation. This poses a constraint on the nature of
explicit breaking terms. To maintain convergence to all orders in perturbation
theory in presence of explicit broken SUSY, it was shown [34] that the breaking
terms must contain couplings of positive mass dimension. Such breaking terms
are called soft. The (explicit) soft breaking can be effectively illustrated as

L = LSUSY + LSOFT,

where LSUSY denotes the SUSY preserving part eq. (2.11) and LSOFT contains soft
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breaking terms. The most general soft breaking terms at renormalizable level are

LSOFT = −1
2

(Maλ
aλa + h.c.)− (m2

)i
j
ϕiϕ

j

−
(

1
6
Aijkϕiϕjϕk +

1
2
Bijϕiϕj + Ciϕi + h.c.

)
, (3.3)

with ϕi being the scalar components of some chiral superfield and λa are the
2-component gauginos. The soft breaking terms include Majorana gaugino mass
terms, scalar (mass)2 and scalar (mass)3 terms3. Aijk and Bij are symmetric
in their indices, m2 is a hermitean matrix. The C-terms are non-zero only if
the theory contains gauge invariant scalar fields. Observe that A- and B-terms
are similar to the Y- and M2-terms in the superpotential. The fact, that LSOFT

contains only sparticles highlights the explicit violation of supersymmetry. The
scale of the soft breaking parameters, MSOFT, characterizes the mass splittings in
the supermultiplets.

Now, let us try to figure out how the spontaneous breakdown of SUSY might
be arranged in the hidden sector. The softly broken MSSM with its O(100) free
parameters does not solve this problem on its own. Therefore, one needs a simpler
underlying theory, containing spontaneously broken SUSY, which explains the
softly broken MSSM in a natural way. One fact we certainly can expect is that
the scale associated with this new theory is (significantly) larger than MEW.

Signals towards this assumption come from the scale dependence of the SM

gauge couplings. The renormalization group (RG) equations of the three gauge
couplings [6, 7], up to 1-loop order, are given by

d ga
d log %

=
1

16π2
ba g

3
a, (3.4)

where a = 1, 2, 3, % = Q/Q0 with Q denoting the renormalization scale and
Q0 is some input scale. The β-function coefficients ba define the slopes of the
curves. In the SM, where bSMa = (41/10,−19/6,−7), the three gauge couplings tend
to unify around Q ∼ 1015 GeV (see fig. 3.4). By contrast, the MSSM with its
bMSSMa = (33/5, 1,−3)4 provides just the right slopes for a unification of the gauge

3Although non-analytic scalar (mass)3 terms ϕϕϕ are renormalizable, they are ruled out due
to the encompassing of quadratic divergences at loop level.

4The ba are enlarged through additional loop contributions coming from the superpartners [7].
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couplings at Q = MGUT ' 2× 1016 GeV. This result might be a strong hint that
at the scale MGUT some Grand Unified Theory (GUT) could play an important
role. Nevertheless, the conclusion is that the SM gauge couplings may be unified
within the MSSM. The MSSM on his part is an effective theory and thus has a
limited range of validity which at least terminates at some (high) input scale
MIN. On the other hand, if the gauge singlet fields, which break supersymmetry
spontaneously in the hidden sector, are supposed to be active at some very high
scale MX with MX > MIN � MEW then at MIN these heavy DOF are integrated
out and the residual theory is described by LSOFT.

This cognition alters our hitherto situation. We are now faced with two different
scales: MSOFT, specifying the superpartner masses and MIN, setting the frontier
where the MSSM fields perceive the SUSY breaking coming from the hidden sector.
The unification signature within the MSSM insinuates that the GUT scale is most
likely the input scale. In this work we will use MIN = MGUT.

Finally let us throw a glance at or rather beyond MGUT. There, gravity becomes
dominant and everything beyond MGUT has to incorporate gravity. Having said
that we know that SUGRA automatically embeds gravity. Thus we arrive at
the key point: as has been richly explored in the literature e. g. [5–7], the most
phenomenologically acceptable scenario is that of a spontaneously broken SUGRA

in the hidden sector, which leads to an effective low energy theory in the observable
sector exhibiting explicit but softly broken SUSY.

From these considerations, the theory of SUSY breaking manifests itself in
boundary conditions given at the GUT scale MGUT. The shape of these boundary
conditions depends on the mechanism which is responsible for mediating the
spontaneous breakdown of SUGRA. Using the RG utilities one can evolve the soft
terms from MGUT down to, say, MEW.
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3.2 Soft Terms in the MSSM

To determine the shape of soft breaking terms in the MSSM, we resume our
general discussion from the previous section. Since the MSSM does not contain
any gauge singlet scalar fields, the C terms in eq. (3.3) are prohibited. All other
terms keep valid. Thus, the possible soft breaking terms compatible with R-parity
conservation are

LSOFT = −1
2

(
M3 g̃g̃ +M2W̃W̃ +M1B̃B̃ + h.c.

)
−
(
ũ∗RAuQ̃Hu + d̃∗RAdQ̃Hd + ẽ∗RAeL̃Hd + h.c.

)
−
(
Q̃∗M2

QQ̃+ ũ∗RM2
uũR + d̃∗RM2

dd̃R + L̃∗M2
LL̃+ ẽ∗RM2

e ẽR

)
− (m2

HuH
∗
uHu +m2

Hd
H∗dHd

)
− (BµHuHd + h.c.) , (3.5)

where Q̃, L̃, H denote scalar doublets and ũR, d̃R, ẽR singlets. To avoid confusion
all family indices are suppressed and subscripts are unbarred. The first line in
eq. (3.5) describes gaugino mass terms. M1, M2 and M3 are the bino, wino and
gluino mass parameters, respectively. The second line contains trilinear scalar
couplings (A-terms). The matrices A are complex 3× 3 matrices in family space
of dimension (mass)1. The third line consists of squark and slepton mass terms.
M2 are 3× 3 hermitean matrices, given in family space. The fourth line contains
Higgs boson mass parameters. The Bµ-term in the fifth line represents the soft
SUSY breaking contribution to the Higgs sector5. Given all these parameters, the
SUSY breaking part in the MSSM Lagrangian appends 105 new parameters to the
already existing 19 of the SM6. As mentioned in section 2.2, the masses of the
superpartners should be roughly of order MSOFT ∼ O(1 TeV) to provide a solution
to the hierarchy problem. Thus:

M1, M2, M3, Au, Ad, Ae ∼ MSOFT,

M2
Q,M2

u,M2
d,M2

L,M2
e, m

2
Hu , m

2
Hd
, Bµ ∼ M2

SOFT.

3.2.1 Soft Breaking Universality

Most of the new parameters in eq. (3.5) introduce new sources of flavor changing
neutral currents (FCNC) and CP violation [6,7,35]. This is originated by flavor
dependence of the sfermion mass matrices and new complex phases. There is also
the possibility of individual lepton number violation. After the EW breakdown, the
matrices Au, Ad and Ae unleash off-diagonal squark and slepton mixings, leading

5This corresponds to the B-term in eq. (3.3). Bµ is thought of as a product of the SUSY

preserving µ parameter and the soft breaking parameter B.
6Simplifying assumptions may reduce the number of free parameters, but without any organizing

entity, the softly broken MSSM would be hidden in a labyrinth of arbitrariness.
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to CP violating effects. However, the experimental constraints on processes like
µ→ eγ, K0 ↔ K0, b→ sγ, etc. set boundaries on these parameters.

Hence, in order to render the MSSM realistic, one has to add essential constraints.
One strategy often used is the so-called universality which is based on three
premises:

1c Propose flavor-blind sfermion mass matrices

M2
Q,u,d = m2

Q,u,d 1, M2
L,e = m2

L,e 1. (3.6-1)

This assumption leads to mass degeneracy among sfermions with the same EW

gauge quantum numbers. In practice, it suffices to consider mass degeneracy
between sfermions of the first two generations [7].

2c Claim the soft breaking A-terms to be proportional to the Yukawa matrices

Au,d,e = Au,d,e Yu,d,e. (3.6-2)

Together with the assumption above eq. (2.14), this ensures that only third
generation sfermions can have sizeable (scalar)3 couplings.

3c Avoid new CP violating phases through

arg (M1,2,3) = arg (Au,d,e) = 0 ∨ π. (3.6-3)

In this manner only the ordinary CKM phase of the SM remains.

An important feature of the RG equations is that they do not introduce any new
non-negligible FCNC or CP violating effects [6] once universality is applied at
the input scale, e. g. MGUT. Therefore, the universality conditions are supposed
to be constraints on the running soft parameters at the input scale. Alternative
approaches in suppressing FCNC/CP violation are the so-called alignment [36]
and irrelevancy [37] of the soft masses. In what follows we stick to the universality.

3.2.2 Electroweak Symmetry Breaking

So far, we have only considered the breakdown of supersymmetry within the
MSSM. To describe our world, we have to include electroweak symmetry breaking
(EWSB). The breakdown SU(2)L ⊗ U(1)Y → U(1)EM is initiated through the
VEV of the Higgs field. It is necessary that only electrically neutral Higgs field
components acquire non-zero VEVs. Using an SU(2)L gauge transformation one
can set 〈H+

u 〉 = 〈H−d 〉 = 0 at the minimum of the Higgs potential. Thus EWSB is
characterized by non-zero VEVs of the neutral Higgs fields

〈H0
d〉 ≡

vd√
2
, 〈H0

u〉 ≡
vu√

2
, tanβ ≡ vu

vd
, v ≡

√
v2
d + v2

u. (3.7)
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Given this, the tree level Higgs scalar potential reduces to

VHIGGS =
1
8
(
g2 + g′2

) (∣∣H0
u

∣∣2 − ∣∣H0
d

∣∣2)
+
(
|µ|2 +m2

Hu

) ∣∣H0
u

∣∣2 +
(
|µ|2 +m2

Hd

) ∣∣H0
d

∣∣2
−BµH0

uH
0
d , (3.8)

with g and g′ being the SU(2)L and U(1)Y gauge couplings, respectively. In order
for the potential to be bounded from below and also that one linear combination
of H0

u and H0
d has a negative squared mass near H0

u = H0
d = 0 gives the necessary

condition(
|µ|2 +m2

Hu

)(
|µ|2 +m2

Hd

)
< (Bµ)2 . (3.9)

If this condition, valid at or below MEW is not satisfied, then H0
u = H0

d will not
be a stable minimum of the potential and EWSB cannot occur. To have EWSB

one has to assure m2
Hu

< m2
Hd

. If one starts with m2
Hu

= m2
Hd

at the input scale,
m2
Hu

will be driven by RG (see eq. (B.15)) to (large) negative values at the EW

scale. This circumstance is also known as the radiative electroweak breaking since
EWSB is accomplished by quantum corrections. Note that a negative m2

Hu
is not

a necessary condition for having correct EWSB, since a too large |µ| or a too small
B can counteract.

Minimizing the potential eq. (3.8), one arrives at

m2
Z

2
= − |µ|2 +

m2
Hd
−m2

Hu
tan2β

tan2β − 1
, (3.10)

given at the EW scale with mZ being the Z boson mass. Correct EWSB is ensured
if eq. (3.10) is satisfied. Keep in mind that this is a tree level statement.

The µ-term within the MSSM causes a puzzle, which goes under the name
µ-problem. Eq. (3.10) tells us that if the terms on the right hand side are all
of the order (102 . . . 103 GeV)2, then the left hand side can be obtained without
unnatural cancellations. Otherwise one has to fine-tune the Higgs masses in order
to reduce cancellations and obtain a small µ. It is however a good question why
the µ parameter should be of the order of MEW or MSOFT and not MP. The scalar
potential of the MSSM contains SUSY preserving (µ) as well as SUSY violating (B)
parts. The observed value of the EW scale suggests that these two parameters
should be of order (102 . . . 103 GeV)2. There are actually several approaches having
been proposed in order to solve the µ-problem e. g. [38, 39]. In the MSSM µ is
treated as a free parameter.

The scalar Higgs sector of the MSSM consists of 4 complex scalar fields with
altogether 8 DOF. After EWSB takes place, 3 Goldstone bosons are generated
and constitute the longitudinal helicity states of the W± and Z0 bosons. The
remaining 5 DOF mix to form the following mass eigenstates: two charged scalars
H±, two CP even neutral scalars h0, H0 and one CP odd neutral scalar A0.
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The mass of h0 is bounded from above and corresponds to the lightest Higgs
boson. The masses of the other 4 scalars are significantly larger. The upper mass
bound on h0 at tree level reads [40]

mh < |cos 2β| mZ , (3.11)

foreshadowing that it is lighter than the Z boson. This is, of course, tabooed by
the current experimental lower bound [41] mh & 114 GeV. The remedy comes from
loop corrections. The most important 1-loop contribution coming from top-stop
loops reads [6, 42]

δm2
h '

3y2
t m

2
t

4π2
sin2β log

[
m2
t̃1
m2
t̃2

m2
t

]
, (3.12)

with y2
t being the top-Yukawa coupling. Taking the limit mt̃1

,mt̃2
> mt and

including some other smaller corrections [6], the upper bound can be elevated to

mh < 135 GeV.

3.2.3 Mixing

Once SUSY and EW symmetry are broken, a certain mixing in the bosonic gauge
sector appears. Supersymmetric influences within the MSSM provide additional
mixing patterns in the gaugino and sparticle sector.

The EW gauginos and higgsinos mix to hold new eigenstates. Charged EW

gauginos W̃± and charged higgsinos H̃+
u , H̃−d form two mass eigenstates with

charges ±1 called charginos χ̃±1 , χ̃±2 . Superpositions of the neutral EW gauginos
B̃0, W̃ 0 and neutral higgsinos H̃0

u, H̃0
d give four neutral fermions χ̃0

1, χ̃0
2, χ̃0

3, χ̃0
4,

called neutralinos. Usually they are ordered in the direction of increasing mass.
The lightest neutralino can be decomposed as

χ̃0
1 = Z11B̃

0 + Z12W̃
0 + Z13H̃

0
d + Z14H̃

0
u, (3.13)

where Zij are components of an orthogonal matrix used to diagonalize the neu-
tralino mass matrix. χ̃0

1 is called gaugino-like if P ≡ |Z11|2 + |Z12|2 > 0.9,
higgsino-like if P < 0.1 and mixed otherwise [18]. The lightest neutralino often
happens (or is arranged) to be the LSP. It can be considered as a good cold Dark
Matter candidate since it is a weakly interacting particle, capable to produce
reasonable relic abundance [35]. Note that the gluino, being a color octet fermion,
do not have adequate quantum numbers to mix with any other particle.

In the slepton and squark sector, mixing can occur between left- and right-
handed7 sparticles of same electric-, color- and PR-charge. It turns out that only
third family squarks and sleptons have non-negligible mixing angles due to large
Yukawa couplings. Tab. 3.1 enfolds the (relevant) mass eigenstates in the MSSM.
The RG equations are listed in appendix B.1.

7Note that the handedness corresponds to fermionic superpartners.
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Superfields Mass Eigenstates PR

matter sector

Squarks
ũL ũR c̃L c̃R t̃1 t̃2

d̃L d̃R s̃L s̃R b̃1 b̃2
−1

Sleptons
ẽL µ̃L τ̃1

ẽR µ̃R τ̃2
−1

higgs sector

Higgs bosons h0 H0 H+ H− A +1

gauge sector

Charginos χ̃±1 χ̃±2 −1

Neutralinos χ̃0
1 χ̃0

2 χ̃0
3 χ̃0

4 −1

Gluino g̃ −1

Tab. 3.1 :: Physical mass eigenstates in the MSSM.

3.3 Spontantaneously broken SUGRA

We have already seen that in global SUSY a non-vanishing vacuum expectation
value of the auxiliary fields, associated with a positive non-zero vacuum energy
Evac > 0, leads to a spontaneous breakdown of SUSY. This was the direct conse-
quence of the algebra of global supersymmetry eq. (2.3). Spontaneous breakdown
of supergravity, however, brings new facets.

To find the condition for spontaneously broken SUGRA we have to look at the
auxiliary fields. The transformation properties of the component fields change in
SUGRA [5], but the essential result remains the same: the fermionic component
of a superfield transforms into the auxiliary component. For chiral fermions the
relevant part of the auxiliary field is given by

Fi ' eG/2(K−1)̄i G̄, (3.14)

where (K−1)̄i is the inverse Kähler metric and G̄ = ∂G/∂ϕj. Here and from now
on (if not stated otherwise), we will use the SUGRA units MP ≡ 1. In analogy to
the global case, SUGRA is spontaneously broken if and only if the auxiliary field
develops a non-zero VEV. The SUGRA breaking scale is given by 〈0|Fi|0〉 = MS.
Whether F aquire a VEV or not depends on the function G. Suppose that F has
a non-zero VEV. Then

〈0|eG/2(K−1)̄i G̄|0〉 6= 0.

Since (K−1)̄i determines the kinetic terms, it must be non-zero to provide a
well-defined theory. Thus, the quantity that controls spontaneous breakdown is8

G̄ =
∂G

∂ϕj
= ∂̄G, (3.15)

8This is also true if one discusses spontaneous breaking by D-terms. As mentioned above, we
will focus on the phenomenologically relevant F -type breaking.
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flagging that SUGRA is preserved if G̄ = 0 and spontaneously broken if G̄ 6= 0.
Again here, the fermionic partner of the auxiliary field is the goldstino. In SUGRA,
mixing between the gravitino ψ and goldstino χ becomes possible [5]

e
G/2Gi ψµγ

µχi.

In other words, the gravitino “eats” the goldstino and becomes massive thereby.
The goldstino appears as longitudinal polarization states of the gravitino9. This
procedure is the so-called super Higgs mechanism. It is analogous to the ordinary
Higgs mechanism.

The distinct feature of the SUGRA scalar potential is the way it relates the
vacuum energy to the SUGRA breakdown. If SUGRA is preserved, the scalar
potential eq. (2.23) simplifies to V = −3eG, which is in general non-zero! We see
that in unbroken SUGRA the vacuum energy is negative semidefinite, unlike in
global SUSY. In broken SUGRA the scalar potential at the minimum is

Evac = −3eG0 + eG0G0 iG
i
0,

where we used Ki
̄ = −δi̄ (minimal kinetic terms) and the subscript 0 denotes that

the quantity was evaluated at the minimum of the potential. In contrast to global
SUSY, in SUGRA we can “adjust” the vacuum energy(= cosmological constant)
to a positive/negative value or to zero, due to Gi0 6= 0, without affecting the
breakdown. This was impossible in global SUSY. Even though it is not understood
why the cosmological constant (CC) has a very small positive value, with SUGRA

we have a tool where we at least can fine-tune it to zero [5].
The gravitino mass,m3/2, representing the mass splitting in the SUGRA multiplet

is given by

m3/2 = e
〈G〉/2 = e

G0/2 (3.16)

and is related to the scale of spontaneously broken SUGRA through

MS = 〈0|Fi|0〉 ' 〈0|MPe
G0/2G0j |0〉 .

Thus

m3/2 ∼
M2

S

MP
. (3.17)

A special meaning of the gravitino mass is that it represents the scale of SUSY

breaking. This can be easily seen in SUGRA units, where m3/2 ∼MS as evident
from eq. (3.17).

9The transverse components (±3/2) of the gravitino have only gravitational interactions,
whereas its longitudinal components (±1/2) are able to have non-gravitional couplings.





Chapter 4

Mediations

In this chapter we would like to consider how soft terms can emerge in the
observable sector. Our starting point will be spontaneously broken SUGRA in the
hidden sector by the VEV of a non-SM gauge singlet field. There are different
possibilities to transmit the spontaneous breakdown of SUGRA from the hidden
to the observable sector. We will pick up two of them. The first one, called
gravity mediation, is primarily concerned with the transmission of the SUGRA

breakdown to the observable sector at tree level by MP suppressed operators. The
other possibility, known as anomaly mediation, uses superconformal anomaly to
communicate the SUGRA breakdown to the observable sector at loop level.

4.1 Gravity Mediation

We assume that gravity couples to every form of matter, independently of whether
it is observable or hidden. Therefore we can dare to consider gravity can as the
carrier of SUSY breakdown. This breakdown is encoded in the VEV 〈FX〉 of some
hidden sector field X. The scale of the soft terms in the observable sector should
be roughly of order

MSOFT ∼ 〈F
X〉

MP
.

This is because we know that MSOFT → 0 in the limit of restored SUSY 〈FX〉 → 0,
and also when gravity becomes irrelevant (MP → ∞). Moreover, naturalness
requires MSOFT ∼ O(1 TeV) and thus 〈FX〉 ∼ (1011 GeV)2.

For further discussion, it is useful to define a chiral superfield ΘM with a
multiindex M ∈ {m,α} containing both, the observable sector fields Φm and the
hidden sector fields1 Φ̂α:

ΘM =
{

Φm, Φ̂α

}
, with scalar components ϑM = {Qm, hα} .

Latin indices denote the observable fields and greek indices run over the hidden
sector fields. The hidden sector fields can acquire large VEVs, 〈hα〉 ∼ O(MP).
When the auxiliary field

Fα = e
G/2 (K−1)βαGβ (4.1)

1In our notation hidden sector quantities are always hatted.

27
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of at least one of the hidden sector fields develops a non-zero VEV, SUGRA gets
spontaneously broken, leading to soft breaking terms in the observable sector. The
substantial elements of SUGRA, namely the Kähler potential, the superpotential
and the gauge kinetic function depend on both types of fields:

G(ΘM ,Θ
†
M ) = K(ΘM ,Θ

†
M ) + log |W (ΘM )|2 ,

fa = fa(ΘM ).

This also applies to the scalar potential

V
(
ΘM ,Θ†M

)
= eG

(
GMGN (K−1)NM − 3

)
=
(
F
N
FMK

M

N
− 3eG

)
, (4.2)

where we have used eq. (4.1) to obtain the last equality. We will follow the ansatz

WTOT = W + Ŵ ,

assuming that the superpotential is additively decomposed into an observable
part W and a hidden sector part Ŵ . The procedure to obtain the soft breaking
terms in the observable sector is as follows [8]

Soft Terms in Gravity Mediation

n Contemplate a proper normalization scheme in
order to respect phenomenological constraints due
to FCNC and CP violation.

n Replace the hidden sector fields and their auxiliary
fields by their VEVs in the SUGRA Lagrangian.

n Take the flat limit: MP →∞ & m3/2 fixed.

n Non-renormalizable gravitational contributions melt
down, leaving a global SUSY Lagrangian with soft
breaking terms.

The normalization scheme we will design is framed as follows. Observable MSSM

fields have a diagonal Kähler metric

Ki
 −→ Ki ≡

∂2K

∂Qi∂Qi
(4.3)

and their normalization is chosen to be2(K1/2
)
j δ

jiQi −→ Qi,√
<efb δ

baλa −→ λa.

2Normalization schemes for the trilinear and bilinear terms can be found in [8, 43].
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Expansion of the Kähler potential to lowest order in the observable fields yields:

KTOT = K̂ +KiQiQi + (ZH1H2 + h.c.) + · · ·

and for the superpotential

W = Ŵ + µH1H2 + YijkQ
iQjQk + · · · ,

where the ellipsis indicates terms of higher dimensional operators suppressed
by inverse powers of MP. Recall that the observable fields Qi are those listed
in tab. 2.1. Moreover, we sum over contracted type indices ijk. For simplicity,
Yukawa couplings Yijk are assumed to be diagonal. Note that the coefficients Ki,
Z, µ and Yijk may in general depend on the hidden sector fields.

Integrating out the hidden sector fields in the SUGRA Lagrangian leads us to
an effective Lagrangian of the shape

LEFF = −c1 (Ma λ
aλa + h.c.)− c2m

2
i Q

iQi

−
(
c3Aijk YijkQ

iQjQk + c4BµH1H2 + h.c.
)
, (4.4)

with c1,2,3,4 in general being complex prefactors. This is nothing else than the soft
breaking Lagrangian eq. (3.5) of the MSSM. The soft breaking parameters given
at the input scale are

Ma =
1

2<efa
Fα∂αfa, (4.5a)

Aijk = Fα
[
K̂α + ∂α log Yijk − ∂α log (KiKjKk)

]
, (4.5b)

m2
i =

(
m2

3/2 + V0

)− FαF β ∂α ∂β logKi, (4.5c)

where α and β run over the hidden sector SUGRA breaking fields, K̂α = ∂αK̂ and
V0 denotes vacuum energy(= CC). In practice, the soft parameters µ and B are
treated in a special way [7]. The requirement for MZ having the experimental
value of 91.1876 GeV and eq. (3.10) determine the size of |µ|. Thus, the sign of
µ remains as a free parameter. The B parameter can be reexpressed in terms of
tanβ using −2Bµ =

(
m2
Hd
−m2

Hu

)
tan 2β +M2

Z sin 2β.
The soft terms in eq. (4.5) were derived in the flat limit. The arising Lagrangian

eq. (4.4) thus can only be valid at energies below MP. Eqs. (4.5) should be
understood as boundary conditions at a scale where the effects of MP fade away,
typically MGUT. As mentioned earlier in section 3.1, this is where the MSSM fields
start to perceive the SUSY breakdown coming from the hidden sector. Using RG

equations, one can then run down the value of these parameters to a low energy
scale and make predictions.

Eqs. (4.5) bare the specific meaning of the gravitino in gravity mediated SUSY

breakdown. Its mass sets the overall scale of the soft terms. Note that the soft
terms, although all of same order O(m3/2), are not universal!
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As evident from eqs. (4.5), gravity mediated soft terms depend strongly on the
particular type of the SUGRA model, that is, on the shape of the Kähler potential
K and the gauge kinetic function fa. There is a plethora of possibilities how to
frame these two functions. One possible model that has been extensively studied
(e. g. [7]) merits a very short review.

4.1.1 mSUGRA

In the so-called minimal supergravity (mSUGRA) model, the Kähler metric takes
the simple form

Ki ≡ 1,

yielding minimal/canonical kinetic terms. The gauge kinetic function is universal
for all gauge groups

fa = f.

Finally, the superpotential parameters Yαβγ and µ are assumed to be independent
of hidden sector fields. These three assumptions lead to a very simple pattern of
universal soft breaking parameters, namely

Ma = m1/2, (4.6a)

Aijk = A0, (4.6b)

m2
i = m2

3/2 ≡ m2
0, (4.6c)

where we have considered a vanishing CC. Each type of soft parameters gets the
same value at the input scale, denoted by the subscript 0. With these considerations,
the 105 free parameters of the MSSM reduce to a set of 5 parameters{

m1/2, A0, m0, tanβ, sign µ
}
.

Demanding correct EWSB and several experimental constrains, like mass bounds
from the Large Lepton-Proton Collider (LEP), shrinks the parameter space.

4.1.2 Properties of mSUGRA

The main aspects in mSUGRA mediated supersymmetry breakdown are

o The soft parameters are universal at the input scale. Due to different RG

equations (see appendix B.1) they will obtain non-universal values at a lower
scale.

o The RG equations imply the ordering of the gaugino masses

M3 : M2 : M1 = g2
3 : g2

2 : g2
1.

If the gaugino masses are universal at the GUT scale the ordering at the
electroweak scale is typically M1 : M2 : M3 ' 1 : 2 : 7 .

o The LSP is the lightest neutralino χ̃0
1. In mSUGRA one typically has a

gaugino-like LSP [7].
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4.2 Anomaly Mediation

In this section we derive heuristically the soft breaking terms at quantum (loop)
level. The trick we will use is to introduce a new pseudo-symmetry, which is
preserved at classical level but will be violated at quantum level. As we know from
section 2.5 the SUGRA multiplet consists of the graviton, the gravitino and the
corresponding auxiliary field. It is convenient to house this auxiliary field inside a
non-dynamical chiral superfield φ called chiral conformal compensator

φ ≡ 1 + θ2F φ. (4.7)

This superfield is only a mnemonic device in order to implement the new symmetry.
We can couple it (or rather F φ) to the MSSM chiral and vector superfields through

Lφ =
∫
d2θ

1
g2

Ξ2 +
∫
d4θ φ†φQ†NQ+

∫
d2θ φ3W + h.c. , (4.8)

which is a rescaling of the usual Lagrangian. Here N = exp (2gΓaT a), Q and Γ
are chiral and vector superfields, respectively. One can attempt to gauge away φ
by the scale transformation

Q −→ φ−1Q.

The Lagrangian eq. (4.8) changes to

Lφ =
∫
d2θ

1
g2

Ξ2 +
∫
d4θ Q†NQ+

∫
d2θ

(
Q3 + µφQ2

)
+ h.c. . (4.9)

We see that eq. (4.8) would be scale invariant at loop level if the superpotential W
would not contain the quadratic term. This µ-term needs a special treatment [9]
and we will not consider it here. Anyhow, from this we see that an explicit mass
term would spoil scale invariance.

What we have done so far was just a rewriting of the usual Lagrangian with an
extra superfield φ. This rewriting introduced a new symmetry (scale invariance),
called superconformal symmetry. We also saw that at tree level the Lagrangian was
scale invariant indicating that a non-zero 〈F φ〉 is ineffective. So we can conclude
that at classical level F φ decouples from the visible sector.

This changes drastically if we include the loop level. Due to quantum corrections
the gauge and Yukawa couplings become scale dependent. The scale dependence is
given by the respective β-functions. Since the presence of ultraviolet divergences
requires regularization, this introduces an explicit mass scale; the cut-off ΛUV. As
we saw above, an explicit mass term ruins the superconformal symmetry and one
is left over with a superconformal anomaly. The coupling of 〈F φ〉 to the observable
fields is enacted by these explicit mass terms. The soft breaking terms can be
achieved by the following procedure of [9, 44,45] :
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Soft Terms in Anomaly Mediation

n The auxiliary field of the SUGRA multiplet acquires its
VEV, 〈Fφ〉, through the coupling to a SUSY breaking
sector.

n Impose a superconformal symmetry (scale invariance).

n At quantum level 〈Fφ〉 couples to the observable sector
through the superconformal anomaly.

n The soft terms can be derived from eq. (4.8) [9].

It is worth to stress that in order to break SUSY we need a separate sector. Super-
conformal anomaly is merely responsible for transmitting the breakdown, which
occurs in a hidden sector, to the observable sector. Once a SUSY breaking sector
provides 〈F φ〉 6= 0, anomaly mediation is collateral present at loop level. Since it
contains the auxiliary field of the SUGRA multiplet, the conformal compensator
couples to the visible as well as to the hidden sector. The effect of the hidden
sector dynamics manifests itself in φ.

Let us briefly discuss the soft breaking parameters. Explicit derivations [9]
reveal that the gaugino masses are given by

Ma =
βga
g
F φ , (4.10a)

with βga = ∂ga/∂ log %. The A parameters, also arising at 1-loop, are

Aijk =
1
2

(
∂ logZi
∂ log %

+
∂ logZj
∂ log %

+
∂ logZk
∂ log %

)
F φ , (4.10b)

where Zi, Zj and Zk denote the wavefunction renormalization. The soft scalar
squared masses arise at 2-loop level

m2
i = −1

4

(
βg

16π2

∂γi
∂g

+
βy

16π2

∂γi
∂y

) ∣∣∣F φ∣∣∣2 . (4.10c)

Here βg and βy are the β-functions for the gauge and Yukawa couplings, respectively.
The so-called anomalous dimension γi describes the RG dependence of the wave
function renormalization Zi. It is defined by

1
16π2

γi ≡ ∂ logZi
∂ log %2

,
1

16π2
γ̇i ≡ ∂γi

∂ log %2
. (4.11)

Eq. (4.10) are exact in the sense that they hold to all orders in perturbation
theory. We also see that in anomaly mediation the soft terms are controlled by
the MSSM couplings, β-functions and anomalous dimensions. To accentuate the
magnitude of the soft terms, let us reexpress eqs. (4.10) using the RG equations
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for the gauge couplings eq. (3.4) and the anomalous dimension eq. (4.11). We
then obtain

Ma = ba g
2
a

F φ

16π2
, (4.12a)

Aijk = (γi + γj + γk)
F φ

16π2
, (4.12b)

m2
i = −γ̇i

∣∣F φ∣∣2
(16π2)2 . (4.12c)

We see that the overall scale of the soft terms is the loop suppressed 〈F φ〉. If we
assume 〈FX〉 ' 〈F φ〉, with X being a hidden sector field of gravity mediation,
we see that anomaly mediation would be suppressed by a factor of 16π2 ∼ 160.

4.2.1 Properties of Anomaly Mediation

The main aspects in anomaly mediated supersymmetry breakdown are:

o Anomaly mediation is non-universal at and below the GUT scale.

o From eq. (4.10c) it is clear that for fields with gauge interactions γi ∼ +g2
a

we get

m2
i ∼ −g4

aba

∣∣∣〈F φ〉∣∣∣2 .
Therefore sleptons are tachyonic due to ba > 0 for SU(2).

o The gaugino masses depend on the β-functions (or strictly speaking on ba).

o To have SUSY breaking of the order of the EW scale anomaly mediation
requires 〈F φ〉 ∼ 104 GeV.

o Anomaly mediation is flavor-blind [9].





Chapter 5

Mirage™ Scale Formation

In the previous chapter we have discussed two possible ways of mediating the
breakdown of supersymmetry from the hidden to the observable sector. We have
also seen that both options suffer from different troubles. There are other mecha-
nisms available like gauge mediation [6,7] or gaugino mediation [46,47] with their
own defects. A next logical step would be a mixture of different mediation types
in order to obtain an improved scenario. There are good reasons for considering
mixed scenarios. Since its proposal, string theory [12] has been a very appealing
candidate for a theory containing all fundamental forces. The first section serves as
a short overview and motivation to shift the gear into a new format of mediating
the breakdown of supersymmetry: mirage mediation [18–23]. This new scenario
is a mixed modulus-anomaly mediation and exhibits a distinct pattern of soft
parameters which differs from other scenarios. In section 5.1 we will consider an
alternative set-up, which can also lead to mirage mediation. The soft breaking
terms will be derived in section 5.2. Section 5.3 is dedicated to the analysis of low
energy spectra arising in mirage mediation. Finally, section 5.4 deals with mirage
mediation in heterotic string theory.

5.1 SUSY violating de Sitter Vacua

5.1.1 Joining String Theory

In superstring theory [12], which comprises 5 separate types1, pointlike particles are
replaced by 1-dimensional oscillating objects, called strings. Different excitations
of strings can be interpreted as different particles. Strings can be open and closed.
Open strings end on spatially extended objects of dimension p, called Dirichlet
branes (Dp branes)2.

Consistency requires superstring theory to have 10 spacetime dimensions. Since
our world is observed to indwell a 4-dimensional spacetime, we have to do something
with the unobserved 6 dimensions. One idea is to compactify the extra dimensions
on a small manifold. To have supersymmetry in 4 dimensions, one needs to
compactify on special manifolds called Calabi Yau (CY) manifolds [12]. One can

1There are the following types of string theories: TypeI, TypeIIA, TypeIIB, O-Heterotic and
E-Heterotic. These 5 types are different limits of a single underlying theory, called M-Theory.

2A D0 brane is a point, a D1 brane is a string, a D2 brane is a membrane, etc. A Dp brane
sweeps out a p+ 1 dimensional world-volume as it propagates through spacetime.
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imagine compactification as rolling up the surplus dimensions. Generically, the
scale of superstring theory MST is expected to be very large.

In a low energy approximation (4D SUGRA), we see only the massless excitations
of the strings. The CY manifolds are parameterized by the so-called moduli. These
are massless scalar fields which are flat directions of the scalar potential. The
most relevant moduli are: the complex structure moduli Zα parameterizing the
shape of the CY manifold, the Kähler moduli Ti describing the volume of the
various cycles and the dilaton S. The shape and size of the CY manifolds in turn
is connected to the strength of the couplings. Thus, the moduli determine the
values of the coupling constants. Moduli are gauge singlet fields and interact only
gravitationally with ordinary matter—they live in the hidden sector.

If the moduli are not stabilized the theory is not able to make any prediction
since all couplings depend on the value of the moduli. The stabilization of moduli
can occur perturbatively (e. g. through fluxes3 [13]) as well as non-perturbatively
(e. g. gaugino condensation4 [14]).

One more thing to add is that recent observational data [48] suggest that our
universe has a de Sitter (dS) vacuum, with a small positive CC. Given all this, we
are interested in solutions with a (N = 1) supersymmetry violating dS vacuum.

5.1.2 KKLT Model

Recently, Kachru, Kallosh, Linde and Trivedi (KKLT) presented an interesting set-
up providing dS vacua [15]. This toy model is based on type IIB compactification
on CY with matter fields originating from D3 and/or D7 branes. The moduli
under consideration are the complex structure moduli Zα, the dilaton S and one
single Kähler modulus T . The analysis is carried out in the framework of low
energy effective SUGRA with the Kähler potential

K = −3 log
(
T + T

)− log
(
S + S

)−K(Zα, Zα)+ · · · , (5.1)

where the ellipsis denotes the omission of the Kähler potential for the observable
sector fields. To arrive at the desired situation, the construction of KKLT consists
of three steps:

KKLT Construction

n Stabilize complex structure moduli Zα and the dila-
ton S with fluxes. The Kähler modulus T remains
unstabilized. SUSY is broken.

n Use gaugino condensation to stabilize the T modulus.
The outcome consists of an AdS vacuum and restored
SUSY.

n Introduce anti-branes to uplift the AdS vacuum to a
dS vacuum and to break SUSY.

3Fluxes are non-zero VEVs of certain field strengths.
4Hidden sector couplings become strong in the infrared and gauginos condensate.
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Fig. 5.1 :: Total scalar po-
tential in the KKLT set-
up VTOT = VSUGRA + VLIFT

(red) as a sum of the
SUGRA potential (black)
and an uplifting potential
(green). Dashed lines rep-
resent the displacement of
the minima.

In the first step, complex structure moduli Zα and the dilaton S are stabilized
by turning on the fluxes. These fluxes generate a superpotential W for these
moduli, but not for the Kähler modulus T . After Zα and S have been stabilized,
they can aquire a huge mass (� O(MST) � O(1017 GeV)) and can be integrated
out, leaving a constant contribution W0 = W (Z0, S0) to the effective low energy
theory5. The superpotential W breaks SUSY, with the scale of SUSY breaking
being characterized by W0. The stabilization of the T modulus in the second step
requires non-perturbative mechanisms (gaugino condensation on D7 branes) and
is based on the ansatz

W = W0 + Ae−aT , (5.2)

with a, A being real constants and W0 is the remnant of flux stabilization. The
magnitudes of these constants are typically A ∼ O(1), aT > 1 and W0 � 1.
Note that we are working in units with MP = 1. The stabilization of T through
gaugino condensation restores supersymmetry, since

DTW = 0

and W0 �= 0 in the minimum. Eq. (4.2) reveals for the vacuum energy

V0 = −3eK |W0|2 < 0.

At this stage, all moduli are stabilized but we are left with an anti de Sitter
(AdS) SUSY preserving vacuum (fig. 5.1). The remedy comes in the last step
where KKLT introduce (ad hoc) non-supersymmetric objects: anti-branes. The
presence of anti-branes (D3) breaks supersymmetry and contributes an additional
energy, which can be viewed as an uplifting potential

VLIFT =
D(

T + T
)2 ,

5The constant W0 is quantized in the sense that it is fixed by the fluxes, which are quantized.

Fig. 5.1 :: Total scalar
potential in KKLT set-
up VTOT = VSUGRA + VLIFT
(red/dotted) as a sum
of the SUGRA poten-
tial (black/solid) and
an uplifting potential
(green/dashed). Vertical
lines represent the displace-
ment of the minima.

In the first step, complex structure moduli Zα and the dilaton S are stabilized
by turning on the fluxes. These fluxes generate a superpotential W for these
moduli, but not for the Kähler modulus T . After Zα and S have been stabilized,
they can aquire a huge mass (' O(MST) ' O(1017 GeV)) and can be integrated
out, leaving a constant contribution W0 = W (Z0, S0) to the effective low energy
theory5. The superpotential W breaks SUSY, with the scale of SUSY breaking
being characterized by W0. The stabilization of the T modulus in the second step
requires non-perturbative mechanisms (gaugino condensation on D7 branes) and
is based on the ansatz

W = W0 +Ae−aT , (5.2)

with a, A being real constants and W0 is the remnant of flux stabilization. The
magnitudes of these constants are typically A ∼ O(1), aT > 1 and W0 � 1. Note
that we are working in units with MP = 1. The stabilization of T through gaugino
condensation restores supersymmetry, since it leads to

DTW = 0

and W0 6= 0 in the minimum. Eq. (4.2) reveals for the vacuum energy

V0 = −3eK |W0|2 < 0.

At this stage, all moduli are stabilized but we are left with an anti de Sitter (AdS)
SUSY preserving vacuum (fig. 5.1). The remedy comes in the last step where
KKLT introduce (ad hoc) non-supersymmetric objects: anti-branes. The presence
of anti-branes (D3) breaks supersymmetry and contributes an additional energy,
which can be viewed as an uplifting potential

VLIFT =
D(

T + T
)2 ,

5The constant W0 is quantized in the sense that it is fixed by the fluxes, which are quantized.
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where D is a constant. By fine-tuning D, it is possible to obtain a dS vacuum
close to zero. The uplifting procedure changes the value of the T modulus at the
minimum only slightly (fig. 5.1) due to the fact that before uplifting the SUGRA

potential is quite steep, unlike the uplifting potential. Thus the value of the T
modulus in the minimum is nearly unaffected by the uplifting.

From fig. 5.1, we see that the dS vacuum can be destabilized by tunneling effects
and one might worry about the lifetime. In [16] it was argued that the lifetime
of the metastable vacuum is approximately 1010120

years, so, for all practical
purposes, the dS vacuum can be considered as completely stable.

5.1.3 Little Hierarchy

There is a lot of fine-tuning to be done in the KKLT model in order to obtain a
reasonable low energy SUSY (breaking). As mentioned in the previous section,
typical values for this scheme are

A ∼ O(1)
[×M3

P

]
,

W0 ∼ 10−4
[×M3

P

]
,

leading for example to a gravitino mass of order

m3/2 = MPe
G0/2 |W0| ∼MP

1
(2<eT0)3/2

W0 ∼ 1010 . . . 1014 GeV,

which is far away from the TeV region. Also in order to obtain a dS vacuum
energy that be consistent with observation, one has to fine-tune the uplifting
potential with an accuracy of order 10−120 [16].

Now let us briefly consider the derivation of the soft breaking terms in the low
energy scenario caused by the KKLT model. As discussed above, the effective (low
energy) potential contains two parts:

V = VSUGRA + VLIFT. (5.3)

The first part VSUGRA describes the situation after the heavy Zα and S moduli have
been integrated out and the T modulus was stabilized. In the effective theory,
this can be described by the Lagrangian [20,21]

L =
∫
d4θφφ

[
−3e−K̂/3

]
+
∫
d2θ

[[
1
4
faΞ2 + φ3W

]
+ h.c.

]
, (5.4)

where the φ = 1 + θ2F φ is the conformal compensator, Ξ the spinorial field
strength. The gauge kinetic function fa, the superpotential W and the Kähler
potential K are given by the ansätze [19–21]

K = −3 log
(
T + T

)
+
∑
i

(
T + T

)−ni QiQi, (5.5)

W = W0 −Ae−aT +
1
6
λijkQ

iQjQk, (5.6)

fa = T la , (5.7)
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with Qi being the visible sector fields. The so-called effective modular weights ni
denote the location of the visible fields. For MSSM fields living on D3 branes one
has ni = 1 and la = 0 whereas for MSSM fields originating from D7 branes ni = 0
and la = 1. If the visible fields live on brane intersections, ni take fractional values
ni ∈ (0, 1) [20, 21]. The holomorphic Yukawa couplings λijk are assumed to be
moduli independent.

The low energy consequence of D3 uplifting can be expressed through [21]

LLIFT =
∫
d4θφ2φ2θ2θ2PLIFT, (5.8)

where PLIFT ≡ D
(
T + T

)np is the so-called spurion operator, which is related to
the uplifting by VLIFT = exp(2/3K̂)PLIFT, where K̂ denotes the hidden sector part
of the Kähler potential. In the original KKLT set-up np = 0.

The minimization of the total scalar potential eq. (5.3), under fine-tuning the
CC to zero6, reveals [19–21]

a<eT0 ∼ log(A/W0) ∼ log(MP/m3/2), (5.9a)

m3/2 ∼MP
W0

(2<eT0)3/2
, (5.9b)

mT ∼ (a<eT0)m3/2, (5.9c)

and the F -term contributions to the soft terms are found to be

F T

T0 + T 0

∼ 1
(a<eT0)

m3/2, (5.9d)

F φ ∼ m3/2. (5.9e)

From eqs. (5.9), we see the specific relations among the soft masses, the gravitino
and the modulus masses. The soft masses from gravity/modulus7 mediation are
suppressed by 〈a<eT0〉 against the gravitino mass, while the mass of T is enhanced
by the same factor.

To get a MSSM spectrum in the TeV range, W0 has to be of order 10−13. This
can be achieved by fine-tuning fluxes in the underlying string theory. After this
fine-tuning has been performed, one finds

a<eT0 ∼ log(MP/m3/2) = O(4π2), (5.10a)

mT ∼ 107 . . . 106 GeV, (5.10b)

m3/2 ∼ 105 . . . 104 GeV, (5.10c)

mSOFT ∼ 102 . . . 103 GeV. (5.10d)

This result has some very interesting consequences, which we summarize below.
6Even though the cosmological constant is non-zero, its small value Λ ∼ [10−3 eV

]4
can be well

approximated by 0 for our purposes.
7In gravity mediation soft terms are guided by the F component of certain hidden sector fields.

Moduli are fields of that kind motivated by string theory, hence the name modulus mediation.
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o Unlike other SUSY breaking scenarios, the gravitino mass lies in the multi-
TeV range whereas the T modulus is heavier by a factor 4π2. This is
interesting for cosmological considerations. In particular, the heavy moduli
and gravitinos produced in the early Universe would decay before nucle-
osynthesis and thus would not affect the abundances of light elements [18].
But there is still an open discussion about the cosmological moduli and
gravitino problems [24–26,49]. In this work, however, we will not consider
these problems.

o The contribution to the soft terms from modulus mediation is suppressed
by 4π2 and becomes comparable to the loop suppressed contribution from
anomaly mediation.

Modulus Anomaly

mSOFT ∼ FT

T0 + T 0

∼ m3/2

4π2
mSOFT ∼ Fφ

16π2
∼ m3/2

16π2

The soft terms receive comparable contributions from both mediation types.
This mixed modulus-anomaly mediation leads to a distinct pattern of soft
masses which we will study shortly.

o The moderately large parameter (a<eT0) ∼ 4π2 leads to a hierarchy among
the modulus, the gravitino and the soft masses

mT ∼ 4π2m3/2 ∼ (4π2)2mSOFT,

which is called the little hierarchy [17]. This little hierarchy is given by the
logarithm of the large hierarchy between MP and m3/2.

It was argued that such structures generically arise when moduli are stabilized by
non-perturbative mechanisms close to a supersymmetric point [17, 18]. In that
sense KKLT is just one example. We will use this example as an encouragement to
study the low energy phenomenology of the mixed modulus-anomaly mediation.

5.1.4 Mirage Unification

Now let us figure out the specific properties in the mixed modulus-anomaly
mediated scenario. This can be done simply by looking at the gaugino masses.
We will consider the 1-loop level. Schematically we have

Ma = MMODULUS +MANOMALY

and both contributions are of comparable size. The contribution from anomaly
mediation eq. (4.12a) is proportional to the respective β-functions8 or strictly
speaking to the beta function coefficients ba. Thus, anomaly mediation splits the
masses of the gauginos at the GUT scale according to ba. Furthermore, we know
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Fig. 5.2 :: RG evolution
of the gauginos and mi-
rage unification. At the
GUT scale the gluino
is the lightest gaugino.
Above/below the mirage
scale, the ordering of the
masses flips. At the EW

scale the gluino is the
heaviest gaugino due to
the positive RG contribu-
tion from its beta function
coefficient ba.

from section 4.2 that anomaly mediation is non-universal below the GUT scale. In
the simplest case where the contribution from modulus mediation is universal at
the GUT scale, it will not change the ordering of the gaugino masses at the GUT

scale but it will change the relative ratios due to the universal shift. In any case,
the gluino will be the lightest gaugino. The ratio of the gaugino masses at the
GUT scale is typically M3 : M2 : M1 ' 1 : 1.6 : 2.4.

Now the evolution of the gaugino masses from the GUT scale is governed by
the same β-functions (i. e. the same ba), so the gaugino masses will meet again at
a given scale. This scale however depends on the ratio of anomaly to modulus
mediation. If both contributions are comparable, the gauginos will meat at an
intermediate scale. Then at the EW scale the ordering of the gauginos is inverted
and typically M1 : M2 : M3 ' 1 : 1.2 : 2.6.

Since there is no physical threshold associated with this scale, it is called mirage
scale MMIR. This form of mediating the SUSY breakdown is called mirage mediation
because mirage unification9 is a generic feature of schemes where modulus and
anomaly mediation are competitive [18,21–23].

One can introduce a certain parameter, which measures the balance between
modulus and anomaly contributions. In mirage mediation this parameter tells
us where the gaugino masses coincide and thus the size of the mirage scale. The
domination of modulus over anomaly mediation shifts the mirage scale towards
the GUT scale (fig. 5.3 frame ¬) and leads to mSUGRA.

On the other hand, when anomaly mediation prevails over modulus mediation,
the gauginos will coincide at a very low energy scale (fig. 5.3 frame ­). Anyway,
the most interesting case is where the modulus to anomaly ratio is O(1). One
should note however that scalars differ. Even though the first and the second
generation scalars unify at the mirage scale, the third generation scalars “deviate”
from the mirage scale due to large Yukawa contributions (see fig. 5.4). Nevertheless,
for gauginos this 1-loop statement is very robust.

8The β-function is negative for the gluino and positive for the bino/wino. See also appendix B.1.
9If we apply a GUT, e. g. SU(5) or SO(10), there would be a true unification for the gauginos

above the GUT scale and a mirage unification at an intermediate scale.
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Fig. 5.3 :: Influence of modulus/anomalaly ratio on MMIR.

5.1.5 de Sitter Vacua from Spontaneously Broken SUGRA

Let us just pause for the moment and have some thoughts about the KKLT model.
The interesting feature in this scheme is that the resulting soft terms receive
comparable contributions from modulus and anomaly mediation, leading to mirage
mediation. On the other side, the way KKLT arrived at SUSY violating dS vacua is
rather “brute”. Recall from section 5.1.2 that in the first step of the construction
SUSY is broken, then in the second step it is restored and it gets explicitly broken
in the last step. The desired situation would be to achieve mirage mediation in
the framework of spontaneously broken SUGRA.

Indeed, this idea was investigated by Lebedev et al. [50]. It was shown that
the search for stable dS vacua within a spontaneously broken SUGRA can be
successful if one introduces new (light) DOF. This new DOF can be represented in
the effective low energy theory by additional hidden sector matter fields10. The
simplest ansatz was suggested to be [50]

K = −3 log(T + T ) + CC + . . . , (5.11)

with T being an overall Kähler modulus, C is a hidden sector matter field and
the ellipsis denote the omission of the Kähler potential for the visible fields. The
superpotential, after integrating out heavy moduli, is given by the ansatz

W =
∑
i

ωi(C)e−aiTi + τ(C), (5.12)

where the sum runs over gaugino condensates11 and the functions ω and τ follow
from integrating out heavy DOF. In what follows these functions will be treated as
some generic functions. Given this set-up, the authors of [50] showed, that stable
dS/Minkowski vacua in the framework of spontaneously broken SUGRA can be
realized. In addition, as we will see later, new patterns of soft masses can arise.

10These hidden sector matter fields are assumed to be singlets under the unbroken gauge
symmetries.

11Here gaugino condensation breaks SUGRA spontaneously, setting the scale of the breakdown.



5.2 Soft Terms in Mirage Mediation 43

5.2 Soft Terms in Mirage Mediation

In this section we would like to derive the soft breaking terms in the framework
of spontaneously broken SUGRA as suggested in [50]. We will then see that this
framework offers several possibilities of which mirage mediation is just one option.
The underlying string theory is type IIB.
To derive the soft terms in the mixed modulus anomaly scenario we use the
ansätze [50]

K = −3 log(T + T ) + CC +QiQi(T + T )−ni
[
1 + ξiCC

]
, (5.13)

fa = T la , (5.14)

where ni are the effective modular weights, depending on the location of the visible
MSSM fields Qi. For matter fields on D3 branes la = 0 and ni = 1 whereas for the
MSSM fields living on D7 branes la = 1 and ni = 0. If the visible fields live on
the intersection of branes, the modular weights take fractional values ni ∈ (0, 1).
As was pointed out in [21], the most phenomenologically attractive situation is
to have gauge fields originated from D7 branes but to leave a freedom for the
origin of matter fields. This gives la = 1 but ni remains undetermined12. Note
that the last term in eq. (5.13) is suppressed by M−2

P . The parameter ξi describes
the coupling between visible and hidden matter fields. This is a new ingredient
endowing the pattern of soft masses with new facettes.

To derive the soft breaking terms, we first look at the scalar potential, which is
given by eq. (4.2). Inserting K from eq. (5.13) we obtain

V =
eCC

(T + T )3

[
1
3

∣∣WT (T + T )− 3W
∣∣2 +

∣∣WC +WC
∣∣2 − 3 |W |2

]
, (5.15)

where the subscripts on W denote derivatives with respect to the SUSY breaking
fields T and C. The soft terms are obtained at the minimum of the potential
which, without loss of generality, can be placed at13 [50]

V (T = T0, C = 0) ' 0, (5.16)

where we have tuned the cosmological constant to zero. Eq. (5.16) connects the
SUSY breaking terms eq. (4.1) via

m2
3/2 =

∣∣F T ∣∣2
(T0 + T 0)2

+
1
3

∣∣FC∣∣2 . (5.17)

To obtain the soft terms in the mixed modulus-anomaly scenario we have to be
somewhat careful. For the pure modulus contribution we can use eq. (4.5) and for
12In particular, if MSSM fields are located on D3 branes, the resulting phenomenology is controlled

by anomaly mediation. Phenomenology of anomaly mediation however was exhaustively
studied in the literature, e. g. [51].

13That is, the SUSY breaking fieds T and C can be stabilized at C ' 0 and T ' T0 respectively.
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the pure anomaly part eqs. (4.12) are suitable. The soft scalar masses, however,
include mixed terms which can be found in [20, 21]. See also appendix B.2 for
details. Taking all this into account the soft breaking terms become

Ma =
F T

T0 + T 0

+ bag
2
a

F φ

16π2
, (5.18a)

Aijk = (−3 + ni + nj + nk)
F T

T0 + T 0

+ (γi + γj + γk)
F φ

16π2
, (5.18b)

m2
i = ∆i + (3ξi − ni)

∣∣F T ∣∣2
(T0 + T 0)2

− γ̇i
∣∣F φ∣∣2

(16π2)2
+

2F φF T∂T
16π

γi, (5.18c)

with ∆i = (1 − 3ξi)m2
3/2. Note that we have calculated the soft terms in the

minimum of the potential eq. (5.16) using eq. (5.17) for m2
3/2.

From eq. (5.17) we know that F T and FC are related to each other, but (in
general) there is no relation to the conformal compensator of anomaly mediation
F φ. Thus, in principle, we can have different scenarios depending on the dosage
of F T and F φ. In this work we are mainly interested in mirage mediation, so
(motivated by KKLT) we consider again

F T

T0 + T 0

∼ F φ

4π2
∼ m3/2

4π2
.

As mentioned earlier, the phenomenology of mirage mediation is sensitive to the
ratio between modulus and anomaly contribution. Therefore it is appropriate
to introduce a new parameter which measures the balance between these two
contributions. Actually two different definitions of this parameter have been
used [18, 21], which are inverse proportional to each other. We will use the
definition of [18], which is more descriptive for the study of low energy spectra:

F T

T0 + T 0

≡ αMs , Ms ≡ m3/2

16π2
. (5.19)

In the limit α� 1 modulus mediation dominates, since the contribution from F T

would exceed F φ. The case α = 0 corresponds to pure anomaly mediation. The
precise value of α depends on the details of the underlying model (e. g. shape of the
uplifting potential). The original KKLT model predicts α ∼ 5 [18]. However, here
we can treat α and Ms (or respectively m3/2) as free parameters and analyze the
resulting phenomenology for α ∼ O(1). With eq. (5.19) the boundary condition
eq. (5.18) can be recasted as

Ma = Ms

[
α+ bag

2
a

]
, (5.20a)

Aijk = Ms

[
(−3 + ni + nj + nk)α+ (γi + γj + γk)

]
, (5.20b)

m2
i = M2

s

[
(3ξi − ni)α2 − γ̇i + 2α

(
T0 + T 0

)
∂Tγi

]
+ (1− 3ξi)m2

3/2. (5.20c)
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Fig. 5.4 :: Mirage unifica-
tion of gauginos and the
first and second genera-
tion sfermions. To retain
clarity only some of the
sfermions are plotted. The
stop quark does not mirage
unify.

The phenomenology of mirage mediation differs somewhat from that of pure
modulus or anomaly mediation. That can be already read off from eqs. (5.20). The
mixture of modulus and anomaly contributions is plainest present in the scalar
squared masses, which contain pure modulus/anomaly parts as well as mixed
ones. Then we have an additional DOF given by the modular weights ni which act
only on the A-terms and on the scalar squared masses. Changing ni would not
affect the mirage unification of the gauginos. Finally we have this new parameter
ξi (special for the model of [50]) which only affects the scalar squared masses.
Note, that this parameter controls the last term in (5.20c) which is enhanced by
(16π2)2 relative to the other terms. ξ = 1/3 corresponds to the original version
of mirage mediation from KKLT. In the case 0 ≤ ξ < 1/3 the soft scalar squared
masses receive an additional positive contribution that might be useful in order
to cancel the “disturbing” negative contribution coming from anomaly mediation.
One last comment is to add. Using the parameterization eq. (5.19) the mirage
unification scale MMIR can be written as [18]

MMIR = MGUT e
− 8π2

α . (5.21)

At this scale all gaugino masses unify as well as the first and second generation
sfermions (fig. 5.4). The third generation sfermions feel the effect of larger Yukawa
couplings and thus behave differently than their family members. From eq. (5.21)
one sees that the mirage scale moves to lower energies when α decreases and it
grows with increasing α. For α ∼ 5 the mirage scale is MMIR ' 109 GeV. A mirage
scale in the TeV region corresponds to α ∼ 2.

5.3 Low Energy Phenomenology

In the following sections we want to analyze the low energy spectra emerging
in mirage mediation. Let us begin by looking at the parameter space of mirage
mediation. First of all we have the parameter α, measuring the ratio between
modulus/anomaly contributions, and the gravitino mass setting the scale of the
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soft parameters. Then, as also common in other mediating scenarios, we have the
µ parameter, whose absolute value is determined by requiring correct EWSB. The
sign of µ remains a free parameter. Furthermore, the Bµ-term, as mentioned in
section 4.1 can be traded for tanβ. And at last we have the modular weights and
the ξi parameter. So the parameter space is spanned by{

α, m3/2, tanβ, sign µ, ni, ξi
}
.

However, the parameters tanβ, sign µ, ni and ξi are usually fixed and the scheme
is governed by α and m3/2 only. So, compared to other schemes (e. g. mSUGRA),
in mirage mediation one has just two free continuous parameters. The low energy
spectra are subject to several experimental and theoretical constraints of which
the most important ones are [18]:

1c absence of tachyons,

2c correct electroweak symmetry breaking,

3c uncharged/uncolored LSP,

4c Higgs mass bound mh > 114 GeV,

5c chargino mass bound mχ+ > 103.5 GeV,

6c branching ratio for the decay 2.33× 10−4 ≤ BR(b→ sγ) ≤ 4.15× 10−4,

7c branching ratio for the decay BR(Bs → µ+µ−) < 2.9× 10−7,

8c muon g − 2 anomaly,

9c neutralino Dark Matter relic abundance respecting acroWMAP data.

In this work we will concentrate on the constraints 1 – 4.
The chargino mass constraint 5 happens to be weaker [18] than the Higgs mass
constraint 4. That is the reason why we will neglect it here.

Our analysis of the type IIB inspired mirage mediation is divided in two parts.
The first part deals with ξi = 1/3 and the second part with ξi 6= 1/3, for all i. For
definiteness we decompose ξ as

ξ =
1
3
−∆ξ.

Throughout our analysis we use mt = 172 GeV as input value and scan over the
parameters α and m3/2 in the range

0 ≤ α ≤ 10, 0 ≤ m3/2 ≤ 120 GeV,

for different values of tanβ. Taking only the constraints 1 – 4 into account the
phenomenology with µ < 0 is similar to that with µ > 0. All low energy spectra
are calculated using SOFTSUSY [52].
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Fig. 5.5 :: Miscellaneous soft breaking parameters at the
GUT scale plotted versus α.

5.3.1 Case ∆ξ = 0 (Ordinary Mirage Mediation)

We begin our analysis by looking at the soft parameters at the GUT scale for
zero modular weights ni = 0 ∀i. Fig. 5.5 (a) – (c) shows soft breaking parameters
at the GUT scale plotted vs. α. In the region 0 ≤ α ≤ 4 tachyonic squarks and
sleptons are present due to anomaly overbalance. The limit α = 0 corresponds to
pure anomaly mediation. The boundary condition at the GUT scale, eq. (5.20),
can be approximated by

M1 ' (3.33 + α)Ms, M2 ' (0.52 + α)Ms, M3 ' (−1.52 + α)Ms, (5.22)

m2
L1
' (−0.91− 1.85α+ α2

)
M2
s , m2

L3
' (−2.02− 1.21α+ α2

)
M2
s ,

m2
e1 '

(−2.03− 1.22α+ α2
)
M2
s , m2

e3 '
(−2.04− 1.20α+ α2

)
M2
s ,

m2
Q1
' (1.59− 4.29α+ α2

)
M2
s , m2

Q3
' (0.68− 2.19α+ α2

)
M2
s , (5.23)

m2
u1
' (1.14− 3.24α+ α2

)
M2
s , m2

u3
' (−0.66 + 0.94α+ α2

)
M2
s ,

m2
d1 '

(
1.82− 2.83α+ α2

)
M2
s , m2

d3 '
(
1.82− 2.83α+ α2

)
M2
s ,

where we have used tanβ = 10. Although the squarks are non-tachyonic in pure
anomaly mediation, they become tachyonic due to the mixture of anomaly and
modulus mediation as α increases. Squarks are tachyonic for 2 < α < 4, sleptons
and Higgs scalars in the region 0 . α . 2. Absence of tachyons requires α > 4.
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Fig. 5.6 :: Miscellaneous soft breaking parameters RG

evolved to the EW scale for α = 5, m3/2 = 30 TeV, µ > 0
and tanβ = 10.

The gaugino masses (fig. 5.5 (d)) are ordered as M1 > M2 > M3 at the GUT

scale. As evident from eq. (5.22), they grow linearly with α. The ordering of the
gauginos is not affected by α but the relative ratios, specified through the beta
function coefficients ba, change. For α = 0 one obtains the familiar signature of
anomaly mediation M1 > M2 and M3 < 0. As α increases, the gluino M3 crosses
the α-axis at α ∼ 1.5. Thus, around α ∼ 1.5 the gaugino mass is very small. For
large α values the gaugino masses unify, leading to pure modulus mediation. The
behavior of the gauginos is independent of ξi and ni.

Let us now evolve the input parameters from the GUT scale to the EW scale.
The (1-loop) RG equations can be found in the appendix B.1. The A parameters
are always negative. The RG running pushes the already (large) negative values at
the GUT scale to more negative values. Thus at the EW scale |A| is very large. At
is the only exception. Its flat running is due to the large Yukawa coupling yt, see
eq. (B.7), which counterbalances the contribution from the gauge terms. Instead
yb and yτ are too small to yield the same effect for Ab and Aτ . Fig. 5.6 (a) shows
the RG flow of the A-terms.

The first and second generation of squarks and sleptons (fig. 5.6 (c)) behave
in a similar way as the gauginos. For α = 5 they unify at an intermediate scale
Q ∼ 1010 GeV. Thus their mass ordering at the GUT scale becomes inverted at the
EW scale. Colored particles receive larger positive contributions from RG running
than uncolored.
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Fig. 5.7 :: Parameter space
spanned by (α,m3/2). For
fixed sign µ the constraints
on the Higgs mass bound
and an uncharged LSP are
less restrictive if tanβ is
large. In the green/
reef all constraints we
consider are satisfied.
The case with negative
µ is identical to that of
positive µ. However, the
BR(b→ sγ) and
(g − 2)µ constraints favor
a positive µ and therefore
the parameter space (if one
includes these constraints)
would be more restricted
for the negative µ. Since
we do not consider such
constraints here we will
stick to µ > 0.

The third generation scalars (fig. 5.6 (d)) feel the effect of the Yukawa couplings
and thus behave differently. Their RG evolution is governed by the A-terms. As
evident from eqs. (B.17–B.19) the large |A| parameters act to suppress the third
generation squarks. This is most significant for the m2

t̃R
quark, where Xt enters

with a larger coefficient. This effect, along with large mixing in the top squark
sector, leads to mt̃1

being very close to the mass of the neutralino mχ̃1
. For

low tanβ the stop quark is the next to lightest supersymmetric particle (NLSP)
whereas for large tanβ values this role is played by the stau lepton.

The RG evolution of m2
Hu

(fig. 5.6 (b)) is controlled to a large extend by m2
Q3

and |At| (see eq. (B.15)). Since the gluino M3 drives the squark m2
Q3

, it also
controls m2

Hu
. Both, M3 and the large |At| push m2

Hu
to large negative values.

This is the well-known mechanisms of radiative EWSB. The tree level condition
eq. (3.10) can only be satisfied, if m2

Hu
. −(100 GeV)2. Thus, if the gluino is very

light, m2
Hu

will not reach this value and EWSB is not possible. On the other hand,
a too negative m2

Hu
would lead to a large µ-term. We can summarize the action

of the large At parameter as to increase −m2
Hu

and to suppress m2
t̃1

.

Now let us consider the low energy spectrum (at the EW scale). Having fixed
tanβ and sign µ we scan over α and m3/2. The obtained spectra are presented
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in fig. 5.7. We first analyze the spectrum for tanβ = 5. The red/ area is
excluded by the presence of tachyons. In the blue/ region the lightest stop
quark t̃1 happens to be the LSP. This is, as already discussed, due to the fact that
the gluino in the region 4 ≤ α ≤ 5.5 is not heavy enough to counterbalance the
suppression of the squark mass coming from the large At. Then, in the brown/

part, the lightest Higgs scalar mh is below the LEP mass bound. This is
because the spectrum is relatively light in this region (since m3/2 is very small)
and thus the radiative correction eq. (3.12) does not give a sizeable contribution.
In the green/ region all constraints under consideration are satisfied.

In the case of tanβ = 30 the constraints due to the stop LSP and the Higgs
mass become less stringent. The stop quark sooner feels the positive contribution
from the gluino and thus the wrong LSP realm shrinks. The contribution to the
Higgs mass mh , (cf. eq. (3.11)) increases with tanβ and hence the Higgs mass
bound can be exceeded in larger portions of the parameter space.

The Higgs mass bound mh > 114 GeV sets a lower bound on the value of
the gravitino mass, which is approximately 8 TeV for tanβ = 5 and 5 TeV for
tanβ = 30. In this “corner” the spectrum is very light (see tab. 5.1). The LSP

constraint, paired with the requirement of absence of tachyons sets a lower bound
on the α parameter. Viable spectra can be obtained for α & 5. Curiously, the
KKLT predicted value α ∼ 5 is consistent with our constraints. Even if we include
the complete list of constraints, α ∼ 5 would be allowed [18]. In the allowed
region the LSP is a bino-like neutralino. This is due to the fact that |µ| � M1,
whereas |µ| is large because the large |At| increases −m2

Hu
. We see that much of

the phenomenology can be derived from the large A-terms.
In tab. 5.1 three representative points are listed. Point A describes a moderately

heavy spectrum. The stop quark is the NLSP. In point B the spectrum is quite
heavy. This is obvious, since α and m3/2 are large. Also here the stop is the NLSP.
Point C lies at the lower bound for m3/2 = 5 TeV. Thus the spectrum is rather
light. For large tanβ, as usual, the stau lepton is the NLSP. We see that by an
appropriate choice of α and m3/2 it is possible to obtain a spectrum below 1 TeV.
The main features of the spectrum can be summarized as:

Mirage Spectra @ ni = 0 & ∆ξi = 0 ∀ i

n Allowed parameter space (depending on tanβ) obtainable
for α & 5.5 and m3/2 & 5 GeV.

n Phenomenology is derivable from the large magnitude of
the A-terms.

n The µ-term is large, because the large At drives −m2
Hu

to
large values.

n The LSP is a bino-like χ̃0
1, due to M1 � |µ|

n The NLSP is either a t̃1 (low tanβ) or a τ̃1 (large tanβ).

n For some low α values the gluino is not heavy enough to
drive the t̃ heavier than χ̃0

1.
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∆ξ = 0 ∆ξ = 10−3.5

A B C A′ B′ C′

tanβ      
α .   .  
m3/2 (TeV)      

M1      
M2      
M3      

mh      
mA      
mH      
µ      

mχ̃0
1

     

mχ̃+
1

     

mg̃      

mt̃1
     

mt̃2
     

mũL
     

mũR
     

mb̃1
     

mb̃2
     

md̃L
     

md̃R
     

mτ̃1      
mτ̃2      
mẽL      
mẽR      

Tab. 5.1 :: Three points taken out of the parameter space for different tanβ
and µ > 0. All masses (except for the gravitino) are given in GeV. A, B, C
correspond to ∆ξ = 0 whereas A′, B′, C′ additionally have ∆ξ = 10−3.5.
Point A represents a moderately heavy spectrum whereas in B the spectrum
is quite heavy. In point C the spectrum is very light due to the light gravitino.
This spectrum lies on the border of the Higgs mass bound.

The difference between the “primed” and the “unprimed” spectra is quite
small because the contribution from ∆ξ = 10−3.5 to the soft scalar masses at
the GUT scale is of order 16%. In cases A and B, µ is quite large.

Fig. 5.8 depicts the masses of some sparticles at the EW scale, depending on α.
Let us close this section by looking at the modular weights. These are constants
in the region ni ∈ [0, 1]. As can be seen from eq. (5.20) non-zero modular weights
would decrease the modulus mediated part in the GUT scale boundary condition,
leading to larger tachyonic regions. Thus we are not going to consider non-zero
modular weights, but instead we will try to remove the tachyonic curtain and see
what may be behind it.
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Fig. 5.8 :: Low energy mass spectra versus α for low/large m3/2 as well as tanβ. Figures on the left
correspond to ∆ξ = 0 whereas those on the right to ∆ξ = 10−3.5. For non-zero ∆ξ the spectra
are not significantly heavier compared to ∆ξ = 0. For low tanβ values the stop quark is very close
to the neutralino, whereas for large tanβ the stau lepton shows this behavior. Here sign µ = +1.
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5.3.2 Case ∆ξ 6= 0 (Extended Mirage Mediation)

We saw that mirage mediation offers a distinct pattern of soft masses. It also ame-
liorates some issues of pure modulus/anomaly mediation. However, the presence
of tachyonic sleptons and squarks—a notorious touch of anomaly mediation, is not
removed and indicates that the boundary conditions are ill-defined. The simplest
possibility to push the tachyons into the void is to add a positive constant to soft
scalar squared masses at the GUT scale. With the ξi parameter we do have this
possibility, motivated by the set-up in [50]. If ξi < 1/3 then the last term in eq.
(5.20c) pushes the scalar squared masses to positive values. But we have to be
careful with ξi since the last term in eq. (5.20c) is enhanced by (16π2)2 relative
to the other terms. As in the previous section, we impose an universal ξi = ξ ∀i.

Removing Tachyons

Our strategy will be to slowly increase ∆ξ at the GUT scale
and look at the resulting low energy spectrum i. e. perform
scans over (α,m3/2). We repeat this procedure until all
tachyons at the GUT scale vanish.

The obtained results are shown in fig. 5.9. In frame (a) we see that ∆ξ = 10−5 is
too small to cause any change. The spectrum is just a copy of that for ∆ξ = 0.
By choosing ∆ξ = 10−4.5 in frame (b) the sleptons, which are tachyonic for α < 2,
have now positive mass squares and thus the region α < 2 is non-tachyonic. Also
for 3 . α . 4 the tachyons disappear. The stop LSP extends down to α ∼ 3. Even
though we have relieved one part of the spectrum, we see that we have discovered
new problematic regions that were “covered” by the tachyons. In particular, we
see regions with chargino and gluino LSP and parts with no EWSB. In frame
(c), ∆ξ = 10−4 is large enough that all tachyons do completely disappear. The
region with t̃1 LSP remains and is now smaller than with ∆ξ = 0. If we proceed
to increase ∆ξ, the scalars gain more and more mass and, at a given point, the
stop quark cannot be lighter than the neutralino. The problem with the stop LSP

is solved for ∆ξ = 10−3.5 (see frame (d)).
Let us try to figure out how the regions with the other wrong LSPs and the

no-EWSB region come about. We begin with the chargino LSP. A typical feature
of anomaly mediation is that the (lightest) chargino is only slightly heavier than
the (lightest) neutralino, mχ̃+

1
−mχ̃0

1
∼ 200 MeV [6]. This small mass degeneracy

can lead in some cases to long lived charginos, as long as anomaly dominates
significantly over modulus mediation14. The chargino LSP disappears for α > 0.3.
A somewhat deeper issue is the presence of the gluino LSP which has subtle

consequences. In fig. 5.5 (c) we see that the gluino starts off negative at α = 0 at
the GUT scale and crosses the α-axis at α ∼ 1.5. Consequently, it is very light
around the crossing point. The RG evolution is positive for the gluino, but since

14It might be also possible that SOFTSUSY is not stable in this region. For µ < 0 the problem
with the chargino LSP does not appear (see fig. 5.10).
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Fig. 5.9 :: Removing the tachyons
with non-zero ∆ξ. A moderately
large tanβ is used and µ > 0. In
frame (a) no significant changes
arise. In frame (b) the tachyons
on the left side are removed,
In frame (c) all tachyons are
absent, but new dangers appears.
In frame (d) the stop LSP is
removed.
For small m3/2 values there are
always tachyons at the low scale
due to RG evolution.
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Fig. 5.10 :: Same sequence as
in fig. 5.9 but with µ < 0. The
sign of µ only slightly changes
the shape of the t̃ LSP region
and the chargino LSP is (almost)
removed.
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Fig. 5.11 :: Impact of the value of
tanβ on the parameter space. For
low tanβ the no-EWSB region
shrinks but the Higgs mass con-
straints becomes more restrictive.
For large this is tanβ vice versa.

it is very light at the GUT scale, it will also be very light at the EW scale, even
lighter than the neutralino. This happens in the region 1 . α . 2. Such a light
gluino also affects the EWSB. We have shifted all scalar squares by a constant
positive value at the GUT scale. This was necessary to avoid tachyons. On the
other hand, in order to have EWSB, −m2

Hu
must be sufficiently large in magnitude.

If we push m2
Hu

to large positive values at the GUT scale, it will be difficult for
−m2

Hu
to reach the appropriate value at the EW scale. We also know that the

gluino mass acts to drive −m2
Hu

to large values. But if the gluino is very light, and
this is the case around α ∼ 1.5, −m2

Hu
will not reach the required value for small

α. This is what happens in the yellow/ region. However, for α close to zero,
the gluino provides a sufficiently large |M3| in order to assure correct EWSB. If we
increase ∆ξ further, all scalars become very heavy and then the no-EWSB region
will cover larger portions of the parameter space because m2

Hu
is too positive at

the GUT scale and its value at the EW scale will be sufficient negative only if we
go to very large α.

The Higgs mass constraint remains nearly unchanged. The heavier t̃1, t̃2 enter
the radiative correction eq. (3.12) only logarithmically. One can improve the
Higgs mass constraint by choosing larger tanβ values. This however leads to
larger regions with no EWSB, since the evolution of −m2

Hu
favors low tanβ values.

Fig. 5.11 presents the difference between a low and a large tanβ value. Note that
the gauginos and the A-terms are not affected by the ξ-uplifting procedure.
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Even based on the minimal ansatz presented in this chapter, mirage mediation
can lead to interesting pattern of soft masses. However, there are some regions in
the parameter space that come into conflict with phenomenology. In this work
the region behind the tachyons were analyzed in this simple version of mirage
mediation. We have seen that it is possible to remove the tachyons, but the result
we obtained poses an open about discussion what might be done in order to get
rid of the emerging difficulties. The main challenge is the presence of the gluino
LSP. This issue could be remedied if one modifies the gaugino boundary condition
eq. (5.20a) for example by extending the gauge kinetic function fa.

Finally, tab. 5.1 compares three points at the EW scale before and after the
removal of tachyons. The value ∆ξ = 10−3.5 does not make the mass spectrum
significantly heavier since its contribution to the soft scalar squared masses at the
GUT scale eq. (5.20c) is roughly 16%. Fig. 5.8 compares the masses of the soft
parameters at the EW scale before and after tachyons have been removed. We
can summarize the removal of tachyons as follows:

Mirage Spectra @ ni = 0 & ∆ξi 6= 0 ∀ i

n Scalars can be non-tachyonic due to the universal shift
∆ξ 6= 0. Increase ∆ξ until all scalar are non-tachyonic.

n Soft gaugino masses and the A-terms are unaffected.

n The very light gluino around α ∼ 1.5 prohibits EWSB.

n Access into the lower α region enabled but further modi-
fications are needed in order to avoid a gluino LSP and to
guarantee correct EWSB.

5.4 Heterotic Mirage Mediation

In this section, we consider a heterotic string motivated mirage mediation scenario.
The procedure in deriving the soft breaking terms is similar to that in the type
IIB case and is carried out in the framework of spontaneously broken SUGRA.
We start with the complex structure moduli Zα, one single Kähler modulus T
and a dilaton S. The complex structure moduli and the Kähler modulus can
be stabilized by fluxes. They become very heavy and can be integrated out [53].
The remaining dilaton can be stabilized by non-perturbative mechanisms such as
gaugino condensation. The effective low energy theory, in analogy to section 5.2,
is described by

K = − log
(
S + S

)
+ CC +QiQiai

[
1 + ξiCC

]
, (5.24)

fa = S, (5.25)

where we call ai trivial weights, Qi are the observable fields and C is a hidden
sector matter field. We consider gauge fields on D3 branes. In contrast to the



58 Mirage™ Scale Formation

type IIB case, the logarithm comes with a smaller numerical coefficient. Recall
that the last term in eq. (5.24) is suppressed by M−2

P .
To derive the soft breaking terms we first determine the scalar potential. In-

serting eqs. (5.24) and (5.25) in eq. (4.2) gives

V =
eCC

S + S

[∣∣WS

(
S + S

)−W ∣∣2 +
∣∣WC +WC

∣∣2 − 3 |W |2
]
, (5.26)

with subscripts on W denoting derivatives with respect to S and C. This result
looks similar to eq. (5.15) but with different numerical coefficients. In analogy
to [50], without loss of generality, one can stabilize S and C at

V (S = S0, C = 0) ' 0, (5.27)

tuning the CC to zero. Using eq. (5.27) one can easily derive the relation among
the SUSY breaking terms from eq. (5.26)∣∣FS∣∣2(

S0 + S0

)2 +
∣∣FC∣∣2 = 3m2

3/2 . (5.28)

The soft breaking terms are obtained by using eqs. (4.5) and (4.12). For the
mixed modulus-anomaly part in the scalar squared masses, one needs the modular
dependence of the gauge couplings. This can be found in appendix B.2. Using all
these ingredients the soft breaking terms at the GUT scale are

Ma =
FS

S0 + S0

+ bag
2
a

F φ

16π2
, (5.29a)

Aijk = − FS

S0 + S0

+ (γi + γj + γk)
F φ

16π2
, (5.29b)

m2
i = ∆i + ξi

∣∣FS∣∣2
(S0 + S0)2

− γ̇i
∣∣F φ∣∣2

(16π2)2
+

2F φFS∂S
16π

γi, (5.29c)

Note that the trivial weights do not appear in the soft terms boundary condition
and, in contrast to the type IIB case, we do not have the DOF that were given by
the modular weights. Mirage mediation appears if the contributions from modulus
and anomaly mediation become comparable, i. e.

FS

S0 + S0

∼ F φ

4π2
∼ m3/2

4π2
.

Also here we impose the parameterization

FS

S0 + S0

≡ αMs, Ms ≡ m3/2

16π2
, (5.30)

in order to study the phenomenology depending on the ratio of modulus to
anomaly mediation. If α� 1, modulus mediation dominates, and the limit α = 0
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Fig. 5.12 :: Miscellaneous soft breaking parameters at the
GUT scale plotted versus α in the heterotic case. The
tachyonic region is enlarged compared to fig. 5.5.

corresponds to pure anomaly mediation. Using this parameterization, the GUT

scale boundary condition eq. (5.29) takes the form

Ma = Ms

[
α+ bag

2
a

]
, (5.31a)

Aijk = Ms

[
− α+ (γi + γj + γk)

]
, (5.31b)

m2
i = M2

s

[
ξiα

2 − γ̇i + 2α
(
S0 + S0

)
∂Sγi

]
+ (1− 3ξi)m2

3/2, (5.31c)

This result is similar to eq. (5.20), but the numerical coefficients in the A-terms
and in the scalar squared masses differ. In the case of ordinary mirage mediation,
ξi = 1/3, the part from modulus mediation in the scalar squared masses comes
with a smaller numerical coefficient compared to the type IIB situation eqs. (5.20).
This results in larger tachyonic regions since here the balance is pushed towards
anomaly mediation. Also the A-terms are now reduced. Only the gaugino masses
remain unchanged. In fig. 5.12 we look at the soft scalar squared masses at the
GUT scale. The whole region of interest, i. e. α ∼ O(1), is filled by the tachyons.
Here again the first and second generation squarks are the problematic pieces.
Thus, unlike the type IIB case, in the heterotic case we need right from the start
∆ξi 6= 0 in order to survive in this scheme.

5.4.1 Phenomenological Aspects

To study the phenomenology in the region 0 ≤ α ≤ 10 we have to remove the
tachyons. We will proceed in the same manner as in the previous section. First we
impose a universal ∆ξi = ∆ξ for all scalars and then we slowly increase it until
all tachyons are gone. Fig. 5.13 summarized the procedure.

In frame (a) of fig. 5.13 ∆ξ = 10−5 is too small to cause any change in the
whole region 0 ≤ α ≤ 10. In frame (b) ∆ξ suffices to remove the tachyons only in
the region 0 . α . 1.5. Then in frame (c) with ∆ξ = 10−4 we still have tachyons.
Recall that in the type IIB case, ∆ξ = 10−4 was sufficient to remove all tachyons.
Here the problem with tachyons is solved for ∆ξ = 10−3.5. Surprisingly this is the
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Fig. 5.13 :: Removing the
tachyons with non-zero ∆ξ in
the heterotic case. A moderately
large tanβ is used and sign µ = 1.
In frame (a) no significan changes
arise. In frame (b) the tachyons
on the left side are removed. In
frame (c) ∆ξ is still too small
to remove all tachyons. In frame
(d) tachyons are absent. For
sign µ = −1 the same result can
be obtained.
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Fig. 5.14 :: Impact of the value
of tanβ on the parameter space
in the heterotic case. For low
tanβ the no-EWSB region shrinks
but the Higgs mass constraints
becomes more restrictive. For
large this is tanβ vice versa.

same value as in the type IIB situation, but in the type IIB case we have chosen
∆ξ = 10−3.5 in order to make the spectrum heavy enough so that the stop LSP

disappear. Here, we need such a “high” value because we have “more” tachyons
than in the type IIB case.

The gluino LSP and the realm of no EWSB can be explained in the same way as
in section 5.3.2. The very light gluino around α ∼ 1.5 at the GUT scale results in
a very light gluino at the EW scale and consequently cannot provide the necessary
contribution for −m2

Hu
. This means that EW symmetry is not properly broken

around α ∼ 1.5. In addition, the A-terms are reduced, and thus they provide a
smaller RG contribution to −m2

Hu
(see eq. (B.15)).

To summarize, in the heterotic set-up the situation is a bit difficult due to the
reduced modulus contribution in the boundary condition eq. (5.31). Nevertheless,
the missing modulus contribution in the scalar squared masses can be reintroduced
through a non-zero ∆ξ. Then, like in the type IIB case, a modification of the
gaugino terms could solve the gluino LSP issue. Note also that the situation with
only the dilaton in the effective theory is a simplification.
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5.5 Conclusion

In this work a new form of mediating supersymmetry breakdown was consid-
ered. It is a mixed modulus-anomaly scenario, where the contributions to the
soft parameters from gravity/anomaly mediation are of comparable size. The
encouragement to study such a scenario comes directly from string theory. In
string theory the stabilization of moduli can, under rather general circumstances,
lead to such a mixture of modulus and anomaly mediation.

An interesting feature of this scenario is the occurrence of a mirage unification.
That is, even though the gaugino and the scalar masses are non-universal at
the GUT scale, they unify (due to the RG running) at some intermediate scale
which depends on the ratio of modulus to anomaly mediation. Mirage mediation
provides a distinct and interesting pattern of soft masses. A robust feature of
this scheme is a hierarchy among the soft, the gravitino and the moduli masses
mT � m3/2 � mSOFT, which is advantageous from the cosmological perspective.
Special emphasis is given on the parameter space. The low energy phenomenology
can be described by just two parameters (α,m3/2).

The contribution from anomaly mediation in this scheme leads to tachyonic
squarks and sleptons, making the region 0 ≤ α ≤ 4 in the parameter space
inaccessible. The aim of this work was to find out what is behind the tachyonic
wall. To do so, an alternative set-up (carried out in the framework of spontaneously
broken SUGRA [50]) was introduced. This set-up provides mirage mediation, as it
is known from the KKLT example, but with additional new pattern of soft masses.
In particular, the soft scalar squared masses receive a positive contribution which
guarantees non-negative mass squares.

After the tachyons have been removed, there are still zones in the parameter
space that are phenomenologically excluded. This is due to the fact that the
gluino is very light around α ∼ 1.5 and consequently prevents correct EWSB.
We should however not forget that this discussion is based on a simple version
of mirage mediation, which nevertheless provides interesting physics. A proper
modification (e. g. rearrangement of the gauge kinetic function fa) may change
rigorously the situation. Thus, the discoverd issues in the region 0 ≤ α ≤ 4 open
a new discussion and should be considered as a challenge in finding an interesting
mechanism of supersymmetry breaking.



Appendix A

Notations and Conventions

A.1 Two-Component Spinors

Two-component notation is advantageous for theories containing chiral fermions.
Our notations and conventions follow basically those in [7]. Here the most impor-
tant ones are summarized.

o 4-component indices are presented by greek letters µ, ν, ρ . . . .

o 4-derivatives are defined by ∂µ =
∂

∂xµ
and ∂µ =

∂

∂xµ
.

o We always sum over contracted indices, like µ
µ .

o For γ matrices the following representation is used:

γµ =
(

0 σµ
σµ 0

)
, γ5 =

(−1 0
0 1

)
,

with σµ being the Pauli matrizes

σ0 = σ0 =
(

1 0
0 1

)
, σ1 = −σ1 =

(
0 1
1 0

)
,

σ2 = −σ2 =
(

0 −i
i 0

)
, σ3 = −σ3 =

(
1 0
0 −1

)
.

o In this basis, a 4-component Dirac spinor is shortly written in terms of two
2-component, complex, anticommuting Weyl spinors ξα and χ†α̇ with two
distinct types of indices α = 1, 2 and α̇ = 1, 2

ψD =
(
ξα
χ† α̇

)
.

The undotted (dotted) indices are used for the first (last) two components
of a Dirac spinor. The heights of the indices are important. Spinors with
undotted indices transform in the (1

2 , 0) representation of the Lorentz group
whereas those with dotted indices in the (0, 1

2) representation.
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o Spinor indices are raised and lowered using the antisymmetric symbol
ε12 = −ε21 = ε21 = −ε12 = 1, ε11 = ε22 = ε11 = ε22 = 0,
according to ξα = εαβξ

β, ξα = εαβξβ, χ†α̇ = εα̇β̇χ
†β̇ ,χ†α̇ = εα̇β̇χ†

β̇
, with

εαβε
βγ = εγβε

βα = δγα and εα̇β̇ε
β̇γ̇ = εγ̇β̇ε

β̇α̇ = δγ̇α̇.
By convention, undotted indices are contracted like α

α and dotted like α̇
α̇.

Note that ξ2 = ξαξα = ξαεαβξ
β = −ξβεαβξα = ξβεβαξ

α = ξ2 6= 0.

o The field ξ is called a left-handed Weyl spinor and χ† is a right-handed
Weyl spinor. The hermitean conjugate of a left-handed Weyl spinor is a
right-handed Weyl spinor (ξα)† = (ξ†)α̇ and vice versa (ξ†α̇)† = ξα.

o The bar on a 4-component spinor is defined by ψ = ψ†γ0 = (χα, ξ†α̇).

o The bar on a 2-component object is defined by ξα = ξ† α̇.

o The bar on a scalar field denotes its complex conjugate ϕ = ϕ∗.

o The bars on the fields represent a left-handed CP conjugate of right-handed
fields. Thus for particles and sparticles one has(

e

e

)
=
(
eL
e†R

)
,

(
ẽ

ẽ

)
=
(
ẽL
ẽ∗R

)
.

o Some useful relations are:

ξσµχ = (χσµξ)†, χ σµξ = (ξ σµχ)†,

σµ
αβ̇

= εαγεβ̇δ̇σ
µδ̇γ , σµα̇β = εα̇γ̇εβδσµδγ̇ ,

(σµσν + σνσµ)βα = 2ηµνδβα, (σµσν + σνσµ)α̇
β̇

= 2ηµνδα̇
β̇
,

ξσµνχ = −χσµνξ, ξ σµν χ = −χσµνξ,

(A.1)

where ηµν = diag(+1,−1,−1,−1) and Tr (σµσν) = 2ηµν . Furthermore,
σµν ≡ i

4(σµσν − σνσµ), σµν ≡ i
4(σµσν − σνσµ) and σµσν + σνσµ = 2ηµν .

A.2 Superfield Language

In supersymmetric theories, it is appropriate to use the elegant superfield formalism.
Superfields are functions that live in the so-called superspace which is spanned by
the four spacetime coordinates and by anticommuting Grassmann variables θα,
θα̇. A finite supersymmetry transformation can be represented by

S(x, θ, θ) = ei(θQ+Qθ−xµPµ),

where Pµ is the 4-momentum operator. Applying infinitesimal transformations to
a superfield Φ, one can find the following representations of the supercharges

Qα = −i ∂
∂θα

+ σµ
αβ̇
θβ̇∂µ, (A.2)

Qα̇ = i
∂

∂θα̇
− θβσµβα̇∂µ. (A.3)
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The corresponding covariant derivatives, which commute with Q, Q and generate
translations in the superspace, are

Dα =
∂

∂θα
− iσµ

αβ̇
θβ̇∂µ, (A.4)

D α̇ = − ∂

∂θα̇
+ iθβσµβα̇∂µ. (A.5)

It is usual to define the supersymmetric transformations in the left- and right-chiral
representations

SL = ei(θQ−xµP
µ)eiQ θ, (A.6)

SR = ei(Qθ−xµP
µ)eiθQ, (A.7)

which simplify the shape of the supercharges and the covariant derivatives. The
covariant derivatives in these representations look like

DLα =
∂

∂θα
− 2iσµ

αβ̇
θβ̇∂µ, DRα =

∂

∂θα
,

DLα̇ = − ∂

∂θα̇
, DRα̇ = − ∂

∂θα̇
+ 2iθβσµβα̇∂µ.

(A.8)

There is a simple relation between the three representations we have introduced:

Φ(x, θ, θ) = ΦL(xµ + iθ σµθ, θ, θ)

= ΦR(xµ − iθ σµθ, θ, θ).
(A.9)

The superfields ΦL (ΦR) are called left(right)-handed superfields if they satisfy

DLΦL ≡ 0, DRΦR ≡ 0.

According to eq. (A.8), ΦL depends only on (x, θ) whereas ΦR depends on (x, θ).
The quantity that remains invariant under (non-)abelian supergauge transforma-
tions is the so-called (left-chiral) spinorial field strength superfield

Ξα =
1
4
D De−ΓDαe

Γ,

Ξα̇ =
1
4
D DeΓD α̇e−Γ,

where Γ denotes a vector superfield.

A.3 Dimensions

[W ] = 3 [Φ] = 1 [ϕ] = 1
[K] = 2 [Γ] = 0 [ψ] = 3/2

[fab] = 0 [L ] = 4 [θ] = −1/2

[G] = 0 [Y] = 0 [F ] = 2
[V ] = 4 [M] = 2 [D] = 2





Appendix B

Renormalization Group

B.1 RGE for the MSSM

The RG evolution is an essential tool in order to evolve the boundary conditions
on the soft parameters from the high input scale down to a scale where low
energy observation can take place. It is noted, that the framework of the MSSM

requires supersymmetry respecting regularization and renormalization schemes.
The suitable regulartization scheme is the so-called regularization by dimensional
reduction (DRED). For the renormalization one uses the modified minimal sub-
straction (DR) [54]. The non-renormalization theorem [30,31] influences the RG

equations. In particular, it implies that all divergent contributions can always be
absorbed into the wave function renormalization.

Although RG equations up to 3-loop order are available [55, 56], it is sufficient
to consider the 1-loop contribution. We will use the approximation that only the
third generation Yukawa couplings are significant and make use of the universality
constraint eq. (3.6-2). As usual, the normalization

g1 =
√

5/3g′, g2 = g, g3 = gs,

is used in order to interpret the generators of the SM gauge group as generators
of a larger simple gauge group such as SU(5) or SO(10). Recall that % = Q/Q0,
with Q being the RG scale and Q0 the input scale.

Gauge couplings

dga
d log %

=
1

16π2
bag

3
a with ba = (33/5, 1,−3) (B.1)

Yukawa Couplings

dyt
d log %

=
yt

16π2

[
6 |yt|2 + |yb|2 − 16

3
g2

3 − 3g2
2 −

13
15
g2

1

]
(B.2)

dyb
d log %

=
yb

16π2

[
6 |yb|2 + |yt|2 + |yτ |2 − 16

3
g2

3 − 3g2
2 −

7
15
g2

1

]
(B.3)

dyτ
d log %

=
yτ

16π2

[
4 |yτ |2 + 3 |yb|2 − 3g2

2 −
3
5
g2

1

]
(B.4)
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µ Term

dµ

d log %
=

µ

16π2

[
3 |yt|2 + 3 |yb|2 + |yτ |2 − 3g2

2 −
3
5
g2

1

]
(B.5)

Gaugino Mass Parameters

dMa

d log %
=

1
8π2

bag
2
aMa (B.6)

A Terms (At = AQ3HuuR , Ab = AQ3HddR , Aτ = AL3HdeR)

dAt
d log %

= At

[
18 |yt|2 + |yb|2 − 16

3
g2

3 − 3g2
2 −

13
15
g2

1

]
+ 2Aby∗b yt

+ yt

[
32
3
g2

3M3 + 6g2
2M2 +

26
15
g2

1M1

]
(B.7)

dAb
d log %

= Ab

[
18 |yb|2 + |yt|2 + |yτ |2 − 16

3
g2

3 − 3g2
2 −

7
15
g2

1

]
+ 2Aty∗t yb + 2Aτ y∗τ yb

+ yb

[
32
3
g2

3M3 + 6g2
2M2 +

14
15
g2

1M1

]
(B.8)

dAτ
d log %

= Aτ

[
12 |yτ |2 + 3 |yb|2 − 3g2

2 −
9
5
g2

1

]
+ 6Aby∗b yτ

+ yτ

[
6g2

2M2 +
18
15
g2

1M1

]
(B.9)

B Term

dB

d log %
= B

[
3 |yτ |2 + 3 |yb|2 + |yτ |2 − 3g2

2 −
3
5
g2

1

]
+ µ

[
6Aty∗t + 6Aby∗b + 2Aτy∗τ + 6g2

2M2 +
6
5
g2

1M1

]
(B.10)

The soft scalar squared masses can be written in a more recognizable form using
the following abbreviations

Xt = 2 |yt|2
(
m2
Hu +m2

Q3
+m2

u3

)
+ 2 |At|2 , (B.11)

Xb = 2 |yb|2
(
m2
Hd

+m2
Q3

+m2
d3

)
+ 2 |Ab|2 , (B.12)

Xτ = 2 |yτ |2
(
m2
Hd

+m2
L3

+m2
e3

)
+ 2 |Aτ |2 , (B.13)

as well as

S =
1
2

∑
i

Yim
2
i , (B.14)

where the sum runs over all scalars of the MSSM with hypercharge Yi.
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Higgs Mass Squared Parameters

dm2
Hu

d log %
=

1
16π2

[
3Xt − 6g2

2 |M2|2 − 6
5
g2

1 |M1|2 +
3
5
g2

1S

]
(B.15)

dm2
Hd

d log %
=

1
16π2

[
3Xb +Xτ − 6

5
g2

1 |M1|2 +
3
5
g2

1S

]
(B.16)

Squark Mass Squared Parameters

dm2
Q3

d log %
=

1
16π2

[
Xt +Xb − 32

3
g2

3 |M3|2 − 6g2
2 |M2|2

− 2
15
g2

1 |M1|2 +
1
5
g2

1S

]
(B.17)

dm2
u3

d log %
=

1
16π2

[
2Xt − 32

3
g2

3 |M3|2 − 32
15
g2

1 |M1|2 − 4
5
g2

1S

]
(B.18)

dm2
d3

d log %
=

1
16π2

[
2Xb − 32

3
g2

3 |M3|2 − 8
15
g2

1 |M1|2 − 2
5
g2

1S

]
(B.19)

Sleptons Mass Squared Parameters

dm2
L3

d log %
=

1
16π2

[
Xτ − 6g2

2 |M2|2 − 6
5
g2

1 |M1|2 − 3
5
g2

1S

]
(B.20)

dm2
e3

d log %
=

1
16π2

[
2Xτ − 24

5
g2

1 |M1|2 − 6
5
g2

1S

]
(B.21)

The main properties of the RG evolution can be summarized as follows [6, 7]:

o The β-functions for each supersymmetric parameter are proportional to the
parameter itself (as a result of the non-renormalization theorem).

o The β-functions of the soft breaking parameters are not proportional to
the parameters itself (no protection by the non-renormalization theorem).
Being zero at the input scale, RG will make them non-zero at a lower scale.

o If the constraint eq. (3.6-1) is applied at the input scale, then the sfermion
masses will remain almost diagonal at any other RG scale. Unlike the first
and second generations, the third generation sfermions feel the effect of the
larger Yukawa couplings and thus will be renormalized differently.

o The quantites Xt,b,τ are generally positive. Thus, started from the input
scale, they will decrease the Higgs masses. If yt is the largest Yukawa coupling
then Xt will dominate and m2

Hu
will be driven to negative values near the

EW scale; this is a crucial point in discussing EWSB.

o The gluino is the only gaugino that receives positive RG contribution.

o The gluino provides a positive contribution to the third generation squarks.
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B.2 Anomalous Dimension

The anomalous dimension describes the scale dependence of the wavefunction
renormalization Zi. It is defined by

1
16π2

γi =
∂ logZi
∂ log %

. (B.22)

Quadratic Casimirs

The quadratic Casimirs Ca(Φi) = Cai are group theory invariants for the superfields
Φi defined in terms of Lie algebra generators T a by (T aT a)ji = Cai δji . For the
MSSM superfields one has [6]

Superfields C3 C2 C1
Qp 4/3 3/4 1/60
up 4/3 0 4/15
dp 4/3 0 1/15

Lp 0 3/4 3/20
ep 0 0 3/5

Hu 0 3/4 3/20
Hd 0 3/4 3/20

Tab. B.1 :: Quadratic Casimirs for the MSSM fields.

Anomalous Dimension for MSSM Fields

The 1-loop anomalous dimensions for the MSSM fields are easily obtained via [6]

γi = 2
∑
a

g2
aCai −

∑
yi

|yi|2 . (B.23)

Thus:

γQp =
8
3
g2

3 +
3
2
g2

2 +
1
30
g2

1 − (y2
t + y2

b )δ3p, (B.24)

γup =
8
3
g2

3 +
8
15
g2

1 − 2y2
t δ3p, (B.25)

γdp =
8
3
g2

3 +
2
15
g2

1 − 2y2
b δ3p, (B.26)

γLp =
3
2
g2

2 +
3
10
g2

1 − y2
τδ3p, (B.27)

γep =
6
5
g2

1 − 2y2
τδ3p, (B.28)

γHu =
3
2
g2

2 +
3
10
g2

1 − 3y2
t , (B.29)

γHd =
3
2
g2

2 +
3
10
g2

1 − 3y2
b − y2

τ . (B.30)
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Running of the Anomalous Dimension

For the running of the anomalous dimension one simply has

1
16π2

γ̇i =
∂γi

∂ log %
. (B.31)

Inserting (B.23) in (B.31) and using (B.1-B.4) one easily obtains

γ̇i = 2
∑
a

g4
abaCai −

∑
yi

|yi|2 βyi ,

with βyi being the Yukawa β-functions and ba as defined in eq. (B.1). For the
MSSM this gives in particular

γ̇Qp = −8g4
3 +

3
2
g4

2 +
11
50
g4

1 − (y2
t βyt + y2

bβyb)δ3p, (B.32)

γ̇up = −8g4
3 +

88
25
g4

1 − 2y2
t βytδ3p, (B.33)

γ̇dp = −8g4
3 +

22
25
g4

1 − 2y2
bβybδ3p, (B.34)

γ̇Lp =
3
2
g4

2 +
99
50
g4

1 − y2
τβyτ δ3p, (B.35)

γ̇ep =
198
25

g4
1 − 2y2

τβyτ δ3p, (B.36)

γ̇Hu =
3
2
g4

2 +
99
50
g4

1 − 3y2
t βyt , (B.37)

γ̇Hd =
3
2
g4

2 +
99
50
g4

1 − 3y2
bβyb − y2

τβyτ . (B.38)

Modular Dependence of the Anomalous Dimension

The gauge couplings (in the anomalous dimension) are moduli dependent. The
modular dependence of the anomalous dimension is given by

∂αγi = −
∑
jk

y2
ijk

2
∂α log

[
λijk

e−K̂KiKjKk

]
+ 2

∑
a

g2
aCai ∂α log(<efa), (B.39)

where α runs over the SUSY breaking fields, K̂ is the pure hidden sector part of
the Kähler potential, Ki is the diagonal Kähler metric for the observable fields as
defined in eq. (4.3). The holomorphic Yukawa couplings λijk are assumend to be
moduli independent.
In type IIB as the underlying string theory one has

<eT =
1
g2
GUT

, K̂ = −3 log (T + T ), Ki = (T + T )−ni .
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Then, one obtains

∂Tγi =
1

T + T

∑
jk

y2
ijk

2
(3− ni − nj − nk)− 2

T + T

∑
a

g2
aCai . (B.40)

For the MSSM fields this gives

(T + T )∂TγQp = −8
3
g2

3 −
3
2
g2

2 −
1
30
g2

1 +
(
cty

2
t + cby

2
b

)
δ3p, (B.41)

(T + T )∂Tγup = −8
3
g2

3 −
8
15
g2

1 + 2cty2
t δ3p, (B.42)

(T + T )∂Tγdp = −8
3
g2

3 −
2
15
g2

1 + 2cby2
b δ3p, (B.43)

(T + T )∂TγLp = −3
2
g2

2 −
3
10
g2

1 + cτ y
2
τδ3p, (B.44)

(T + T )∂Tγep = −6
5
g2

1 + 2cτ y2
τδ3p, (B.45)

(T + T )∂TγHu = −3
2
g2

2 −
3
10
g2

1 + 3cty2
t , (B.46)

(T + T )∂TγHd = −3
2
g2

2 −
3
10
g2

1 + 3cby2
b + cτ y

2
τ , (B.47)

with ct = 3−nQ3−nHu−nuR , cb = 3−nQ3−nHd−ndR and cτ = 3−nL3−nHd−neR .
In the heterotic case one usually has the ansätze

K̂ = − log(S + S),

Ki = const,

fa = S.

This leads to

∂Sγi =
1

S + S

∑
jk

y2
ijk

2
− 2
T + T

∑
a

g2
aCai (B.48)

and so for the MSSM fields

(S + S)∂SγQp = −8
3
g2

3 −
3
2
g2

2 −
1
30
g2

1 +
(
y2
t + y2

b

)
δ3p, (B.49)

(S + S)∂Sγup = −8
3
g2

3 −
8
15
g2

1 + 2y2
t δ3p, (B.50)

(S + S)∂Sγdp = −8
3
g2

3 −
2
15
g2

1 + 2y2
b δ3p, (B.51)

((S + S)∂SγLp = −3
2
g2

2 −
3
10
g2

1 + y2
τδ3p, (B.52)

(S + S)∂Sγep = −6
5
g2

1 + 2y2
τδ3p, (B.53)

(S + S)∂SγHu = −3
2
g2

2 −
3
10
g2

1 + 3y2
t , (B.54)

(S + S)∂SγHd = −3
2
g2

2 −
3
10
g2

1 + 3y2
b + y2

τ . (B.55)



Glossary

AdS Anti de Sitter

CC Cosmological Constant
CKM Cabibbo Kobayashi Maskawa
CY Calabi Yau

DOF Degrees of Freedom
DRED Regularization by Dimensional Reduction
dS de Sitter

EW Electroweak
EWSB Electroweak Symmetry Breaking

FCNC Flavor Changing Neutral Currents

GUT Grand Unified Theory

KKLT Kachru Kallosh Linde Trivedi

LEP Large Electron-Proton Collider
LSP Lightest Supersymmetric Particle

MSSM Minimal Supersymmetric Standard Model

NLSP Next to Lightest Supersymmetric Particle

RG Renormalization Group

SM Standard Model
SSB Spontaneous Supersymmetry Breaking
SUGRA Supergravity
SUSY Supersymmetry

VEV Vacuum Expectation Value

WMAP Wilkinson Microwave Anisotropy Probe
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